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2 Brief description

The main scientific activities of our group are in the field of X- and gamma-
ray Astrophysics and Astroparticle physics. The results from the data analy-
sis of Swift UVOT/XRT, NuStar, Chandra and Fermi LAT telescopes are used
to investigate the particle acceleration and emission processes in the different
classes of active galactic nuclei. The analysis of available data allows to in-
vestigate the emission processes and relativistic outflows in the most extreme
regimes (keV-TeV).
Below we present several abstracts from the papers published in 2022, also
with MAGIC collaboration.

• Modelling the time variable spectral energy distribution of the blazar
CTA 102 from 2008 to 2022

We present long-term multiwavelength observations of blazar CTA 102 (z =
1.037). Detailed temporal and spectral analyses of γ-ray, X-ray and UV/optical
data observed by Fermi-LAT, Swift XRT, NuSTAR and Swift-UVOT over a pe-
riod of 14 years, between August 2008 and March 2022, was performed. We
found strong variability of source emission in all the considered bands, espe-
cially in the γ-ray band it exhibited extreme outbursts when the flux crossed
the level of 10−5 photon cm−2 s−1. Using the Bayesian Blocks algorithm, we
split the adaptively binned γ-ray light curve into 347 intervals of quiescent
and flaring episodes and for each period built corresponding multiwave-
length spectral energy distributions (SEDs), using the available data. Among
the considered SEDs, 117 high-quality (quasi) contemporaneous SEDs which
have sufficient multiwavelength data, were modeled using JetSeT framework
within a one-zone leptonic synchrotron and inverse Compton emission sce-
nario assuming the emitting region is within the broad-line-region and con-
sidering internal and external seed photons for the inverse Compton up-
scattering. As a result of modeling, the characteristics of the relativistic elec-
tron distribution in the jet as well as jet properties are retrieved and their
variation in time is investigated. The applied model can adequately explain
the assembled SEDs and the modelling shows that the data in the bright flar-
ing periods can be reproduced for high Doppler boosting and magnetic field.
The obtained results are discussed in the context of particle cooling in the
emitting region.
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2 Brief description

• A thirteen-year-long broadband view of BL Lac

We present the results of an extensive analysis of the optical, ultraviolet,
X-ray and γ-ray data collected from the observations of the BL Lac objects
prototype BL Lacertae carried out over a period of nearly 13 years, between
August 2008 and March 2021. The source is characterized by strongly vari-
able emission at all frequencies, often accompanied by spectral changes. In
the γ-ray band several prominent flares have been detected, the largest one
reaching the flux of Fγ(> 196.7 MeV) = (4.39± 1.01)× 10−6 photon cm−2 s−1.
The X-ray spectral variability of the source during the brightest flare on MJD
59128.18 (06 October 2020) was characterized by a softer-when-brighter trend
due to a shift of the synchrotron peak to∼ 1016 Hz, well into the HBL domain.
The widely changing multiwavelength emission of BL Lacertae was system-
atically investigated by fitting leptonic models that include synchrotron self-
Compton and external Compton components to 511 high-quality and quasi-
simultaneous broad-band spectral energy distributions (SEDs). The majority
of selected SEDs can be adequately fitted within a one-zone model with rea-
sonable parameters. Only 46 SEDs with soft and bright X-ray spectra and
when the source was observed in very high energy γ-ray bands can be ex-
plained in a two-zone leptonic scenario. The HBL behaviour observed during
the brightest X-ray flare is interpreted as due to the emergence of synchrotron
emission from freshly accelerated particles in a second emission zone located
beyond the broad line region.

• Time-dependent lepto-hadronic modeling of the emission from blazar
jets with SOPRANO: the case of TXS 0506+056, 3HSP J095507.9+355101
and 3C 279

The observation of a very-high-energy neutrino by IceCube (IceCube-170922A)
and its association with the flaring blazar TXS 0506+056 provided the first
multimessenger observations of blazar jets, demonstrating the important role
of protons in their dynamics and emission. In this paper, we present SO-
PRANO (https://www.amsdc.am/soprano), a new conservative implicit ki-
netic code which follows the time evolution of the isotropic distribution func-
tions of protons, neutrons and the secondaries produced in photo-pion and
photo-pair interactions, alongside with the evolution of photon and elec-
tron/positron distribution functions. SOPRANO is designed to study lep-
tonic and hadronic processes in relativistic sources such as blazars and gamma-
ray bursts. Here, we use SOPRANO to model the broadband spectrum of
TXS 0506+056 and 3HSP J095507.9+355101, which are associated with neu-
trino events, and of the extreme flaring blazar 3C 279. The SEDs are inter-
preted within the guise of both a hadronic and a hybrid model. We discuss
the implications of our assumptions in terms of jet power and neutrino flux.
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• The first hard X-ray spectral catalogue of Blazars observed by NuSTAR

Blazars are a peculiar class of active galactic nuclei that enlighten the sky at all
wavelengths. The electromagnetic emission of these sources is jet-dominated,
resulting in a spectral energy distribution (SED) that has a typical double-
humped shape. X-ray photons provide a wealth of information on the physics
of each source as in the X-ray band, we can observe the tail of SED first peak,
the rise of the second one or the transition between the two. NuSTAR, thanks
to its capability of focusing X-rays up to 79 keV provides broad-band data
particularly suitable to compute SEDs in a still poorly explored part of the
spectrum. In the context of the Open Universe initiative, we developed a
dedicated pipeline, NuSTAR Spectra, a shell-script that automatically down-
loads data from the archive, generates scientific products and carries out a
complete spectral analysis. The script homogeneously extracts high level sci-
entific products for both NuSTAR’s telescopes and the spectral characteriza-
tion is performed testing two phenomenological models. The corresponding
X-ray properties are derived from the data best fit, and the SEDs are also
computed. The systematic processing of all blazar observations of the NuS-
TAR public archive allowed us to release the first hard X-ray spectroscopic
catalogue of blazars (NuBlazar). The catalogue, updated to 2021 September
30, includes 253 observations of 126 distinct blazars, 30 of which have been
multiply observed.

• Multiwavelength study of the gravitationally lensed blazar QSO B0218+357
between 2016 and 2020

We report multiwavelength observations of the gravitationally lensed blazar
QSO B0218+357 in 2016-2020. Optical, X-ray and GeV flares were detected.
The contemporaneous MAGIC observations do not show significant very-
high-energy (VHE, & 100 GeV) gamma-ray emission. The lack of enhance-
ment in radio emission measured by OVRO indicates the multi-zone na-
ture of the emission from this object. We constrain the VHE duty cycle of
the source to be < 16 2014-like flares per year (95% confidence). For the
first time for this source, a broadband low-state SED is constructed with a
deep exposure up to the VHE range. A flux upper limit on the low-state
VHE gamma-ray emission of an order of magnitude below that of the 2014
flare is determined. The X-ray data are used to fit the column density of
(8.10 ± 0.93stat) × 1021cm−2 of the dust in the lensing galaxy. VLBI obser-
vations show a clear radio core and jet components in both lensed images,
yet no significant movement of the components is seen. The radio measure-
ments are used to model the source-lens-observer geometry and determine
the magnifications and time delays for both components. The quiescent emis-
sion is modeled with the high-energy bump explained as a combination of
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2 Brief description

synchrotron-self-Compton and external Compton emission from a region lo-
cated outside of the broad line region. The bulk of the low-energy emission
is explained as originating from a tens-of-parsecs scale jet.

• Proton acceleration in thermonuclear nova explosions revealed by gamma
rays

Classical novae are cataclysmic binary star systems in which the matter of
a companion star is accreted on a white dwarf (WD). Accumulation of hydro-
gen in a layer eventually causes a thermonuclear explosion on the surface of
the WD, brightening the WD to ∼ 105 solar luminosities and triggering ejec-
tion of the accumulated matter.They provide extreme conditions required to
accelerate particles, electrons or protons, to high energies. Here we present
the detection of gamma rays by the MAGIC telescopes from the 2021 outburst
of RS Ophiuchi (RS Oph), a recurrent nova with a red giant (RG) companion,
that allowed us, for the first time, to accurately characterize the emission from
a nova in the 60 GeV to 250 GeV energy range. The theoretical interpretation
of the combined Fermi-LAT and MAGIC data suggests that protons are ac-
celerated to hundreds of GeV in the nova shock. Such protons should create
bubbles of enhanced Cosmic Ray density, on the order of 10 pc, from the re-
current novae.
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4 A thirteen-year-long broadband
view of BL Lac

4.1 Introduction

Radio-loud Active Galactic Nuclei (AGNs) are characterized by two-sided
narrow relativistic jets that originate from the central supermassive black
hole. Blazars are the subclass of radio loud AGNs in which one of the jets
happens to make a small angle (< 10◦) to the line of sight of the observer
[257]. These jets transport a large amount of power in the form of particles,
radiation and magnetic field and are strong sources of non-thermal emis-
sion. Due to the small viewing angle and the relativistic motion the emis-
sion in blazars is strongly Doppler boosted, a special situation that makes
these sources detectable up to large redshifts [e.g., 12, 235] and is responsi-
ble for the observed extreme properties that characterizes them, like super-
luminal motion and rapid variability across the electromagnetic spectrum.
Historically blazars are classified as BL Lacertae objects (BL Lacs), which ex-
hibit an optical spectrum that is completely featureless or at most shows very
weak emission lines (equivalent width EW ≤ 5Å), and as flat spectrum radio
quasars (FSRQs) when the emission lines are stronger and quasar-like [257].
Blazars are generally assumed to be persistent sources, however a case of a
transient blazar, 4FGL J1544.3-0649, was recently observed. This object re-
mained below the sensitivity limits of X-ray and γ-ray instruments until May
2017 when it raised above detactability and for a few months it became one
of the brightest X-ray blazars [232]. If this was not an isolated case, but rather
a common phenomenon, it could have an impact on the real abundance and
on our current understanding of blazars.

The broadband SED of blazars, in a log(νFν) vs. log(ν) representation,
shows two prominent broad components, one (low-energy component) peak-
ing form far infrared frequencies to X-ray energies and another (high energy
component) peaking at MeV/GeV energies. The peak of the low-energy com-
ponent (νs) is used to further classify blazars as high synchrotron peaked BL
Lacs (HBL when νs > 1015 Hz), intermediate synchrotron peaked BL Lacs
(IBL when 1014 < νs < 1015 Hz), or low synchrotron peaked BL Lacs (LBL
when νs < 1014 Hz) objects [192, 5]. Sometimes the synchrotron peak can
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reach energies as high as ∼1 keV, (∼ 2× 1017 Hz) or beyond, showing what
is considered to be extreme behaviour, even for these highly peculiar sources
[e.g. 114, 74, 34]. Such a high synchrotron peak was first observed during a
flare of Mkn 501 [205], and subsequently in many other objects [e.g., 73, 227].
Independently of the location of the peak, the low-energy part of the SED is
generally interpreted as synchrotron emission from the relativistic electrons
in the jet. A proton synchrotron origin of the high energy end of this com-
ponent during X-ray flares has also been considered [171, 248]. The nature
of the high energy (HE; > 100 MeV) component is instead still under de-
bate. Within one-zone leptonic scenarios, the second component originates
from inverse Compton scattering of the synchrotron photons (SSC) by the
electron population producing the low-energy component [104, 38, 163]. De-
pending on the location of the emission region, the photons external to the jet
(e.g., photons from the disc, or those reprocessed from the broad-line region
or those from the infrared torus) can up-scatter, producing the second com-
ponent [external inverse Compton (EIC); 36, 105, 240]. On the other hand,
the HE component can be also produced from the interaction of relativistic
protons either from their synchrotron emission [179] or from the secondary
particles from pion decay [160, 161, 179, 180, 43]. Recently, after associating
TXS 0506+056 with the IceCube-170922A neutrino event [132, 130, 189] the
lepto-hadronic scenarios, when both electrons and protons contribute to the
HE emission, have become more attractive. These models also predict very
high energy (VHE; > 100 GeV) neutrinos observable by the IceCube detector
[19, 141, 181, 189, 225, 221, 59, 226, 96, 99].

Blazars, being powerful sources of strongly variable non-thermal emission,
are often targets of multiwavelength observations. The resulting data have
been accumulating over time enriching the archives with very valuable infor-
mation that can be used for detailed energy and time-domain investigations
of the origin of their emission. BL Lacertae (BL Lac) is one of these frequently
studied blazars; at z = 0.069 it is a prototype of the BL LAC subclass of
blazars. BL Lac is usually classified as an LBL [184], but is sometimes listed
as an IBL [11]. BL Lac is well known for its prominent variability in a wide
energy range, especially in the optical [149, 14] and radio bands [261]. BL
Lac has been a target of many multiwavelength campaigns ranging from the
radio to the HE or VHE γ-ray bands [167, 212, 213, 157, 260] which resulted
in a deep understanding of its properties in different bands. For example,
in the X-ray band, BeppoSAX observations in June 1999 showed that the 0.3-
2 keV flux of BL Lac doubled in ∼ 20 min and the spectrum was concave
with a very hard component above 5-6 keV [216]. In the γ-ray band, the
EGRET observations in 1995 showed an average γ-ray flux above 100 MeV
of (40± 12)× 10−8 photon cm−2 s−1 [58] which increased up to (171± 42)×
10−8 photon cm−2 s−1 during the flare in 1997 [37]. Afterwards, the obser-
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vations by the Large Area Telescope (LAT) on board the Fermi Gamma-ray
Space Telescope (Fermi-LAT) showed that during flaring periods the aver-
age γ-ray flux above 100 MeV can reach above 10−6 photon cm−2 s−1 [e.g.,
see 76, 67, 173, 187, 77]. VHE γ-rays above 1 TeV from BL Lac were initially
reported by the Crimean Observatory in 1998 [183] and later, in 2005, the
MAGIC telescope discovered a VHE γ-ray signal with an integral flux of 3%
of the Crab Nebula flux above 200 GeV [16]. The source is flaring also in the
VHE γ-ray band; for example, on June 28 2011, a very rapid TeV γ-ray flare
was detected by VERITAS when the integral flux above 200 GeV reached
roughly 125% of the Crab Nebula flux [21], or on June 15 2015 MAGIC de-
tected a flare with a maximum flux of (1.5 ± 0.3) × 10−10photons cm−2 s−1

and halving time of 26± 8 min [157].
BL Lac shows a peculiar behavior both in terms of its classification and in-

terpretation of the observed broadband SED. First, the observation of Hα and
Hβ lines (∼ 1041 erg s−1) [72, 50] in different periods is quite unusual for this
type of blazars. This might indeed indicate a presence of a broad-line region
structure. On the other hand, the single-zone SSC models, usually successful
for explaining the TeV BL Lac spectrum, have a difficulty in reproducing the
variability of this source in different bands and taking into account the emis-
sion in all the bands. When the spectrum extends to the VHE γ-ray band
or when a large Compton dominance is observed, the SED of BL Lac can be
modeled only by considering an EIC component added to SSC or by using
two-zone models [e.g., 37, 156, 42, 6, 157]. This illustrates that different mod-
els/components are contributing in the overall complex broadband spectrum
of BL Lac.

Over the past decade, BL Lac was constantly monitored in the HE γ-ray
band by Fermi-LAT [15] and AGILE [47] and frequently observed in the op-
tical/UV and X-ray bands by Neil Gehrels Swift Observatory [102], (hereafter
Swift). Together with the observations of other instruments (NuSTAR, MAGIC,
VERITAS, etc.) this resulted in the accumulation of an extremely rich multi-
frequency data set mapping both emission components. The available data
can be combined to build the broadband SED of BL Lac in many different
periods with (quasi) contemporaneous data. The theoretical interpretation of
these SEDs can help understanding the physical processes that dominate in
different periods. For example, a similar study of the broadband emission
of 3C 454.3 allowed us to estimate the main parameters describing the jet
and emitting electrons as well as to investigate their evolution in time [229].
Moreover, BL Lac was in active flaring states from optical to γ-ray bands in
October 2020 and January 2021 [e.g., 165, 164, 77, 80, 126, 81] when the bright-
est γ-ray flare from this source was also observed [173]; on October 6 2020,
the daily averaged γ-ray flux of BL Lac was (5± 1)× 10−6 photons cm−2 s−1.
The available multiwavelength data and the extraordinary flaring activity of
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BL Lac in 2020/2021 motivated us to have a new look on the origin of the
broadband emission from it.

In this paper, analyzing the data observed by Fermi-LAT, Swift X-ray Tele-
scope (XRT) and Ultraviolet and Optical Telescope (UVOT) accumulated in
the previous thirteen years, we perform an intense broadband study of BL
Lac. The paper is organized as follows. The Fermi-LAT and Swift data col-
lected for the analysis and its reduction methods are described in Section 4.2.
The spectral changes in different bands and the broadband SED modeling is
discussed in Section 4.3. The discussion is presented in Section 4.4 and the
summary in Section 4.5.

4.2 Fermi-LAT Observations and Data Analysis

Since August 2008, BL Lac was constantly observed by Fermi-LAT provid-
ing unprecedented information on its emission in the γ-ray band. Fermi-LAT
is a pair conversion telescope sensitive to γ-rays in the energy range from
100 MeV to 500 GeV. By default, it operates in all sky scanning mode, map-
ping the entire γ-ray sky every three hours. Further details on Fermi-LAT are
given in (author?) [25].

For the current study, publicly available data accumulated between 04 Au-
gust, 2008 and 01 March, 2021 are used (MET 239557417 - 636249605). The
data have been analysed by using Fermi ScienceTools version 1.2.1. The
Pass8 Source class events with a higher probability of being photons (evclass
= 128, evtype=3) in the energy range from 100 MeV to 500 GeV were ana-
lyzed using P8R3 SOURCE V3 instrument response function. The events
were downloaded from a region of interest (ROI) defined as a circular region
with 12◦ around the γ-ray position of BL Lac. The events are binned within
a 16.9◦ × 16.9◦ square region into pixels of 0.1◦ × 0.1◦ and into 37 equal log-
arithmically spaced energy bins. The model was created using the Fermi-
LAT fourth source catalog Data Release 2 [4FGL-DR2; 15] where all sources
within 17◦ around the target as well as the Galactic (gll iem v07) and the
isotropic (iso P8R3 SOURCE V3 v1) diffuse emission components are in-
cluded. The spectral parameters of the background sources falling between
12◦ and 12◦+5◦ were fixed to their catalog values, while the parameters of
the other sources and background models were left free. Binned likelihood
analysis was applied with gtlike tool to find the best matches between spec-
tral models and the data. The source variability was investigated by dividing
the entire period to three-day bins. During these short periods the source
spectrum was modeled using a power-law function, and the photon flux and
index were estimated by applying unbinned likelihood analysis with the ap-
propriate quality cuts mentioned above. The light curves were computed by
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fixing the spectral indices of all sources (except BL Lac) and the normalization
of both the Galactic and isotropic components to the best-fit values obtained
for the whole time period and then by allowing them to vary. In all cases the
light-curves are fully consistent with each other and with the one available in
the Fermi-LAT light curve repository 1. In addition to the three-day binned
light curve, an adaptively binned light curve was generated by adjusting the
time bin widths so as to attain 20% uncertainty in the flux estimation above
an optimal energy [see 155, for details]. This light curve with unequal time
bins has been proven to be particularly efficient for the identification of flar-
ing states [e.g., see 101, 230, 269, 26, 46, 215].
The adaptively binned (E > 196.7 MeV) and three-day (E > 100 MeV) γ-ray

light curves are shown in Fig. 5.1 panels a) and b) respectively. The time-
averaged γ-ray flux of BL Lac above 100 MeV is (3.71± 0.05)× 10−7 photon cm−2 s−1.
Both light curves show the complex behaviour of BL Lac in the γ-ray band;
the mean γ-ray flux of the source is 4.46 × 10−7 photon cm−2 s−1 which in-
creases up to (4.39 ± 1.01) × 10−6 photon cm−2 s−1 (above 196.7 MeV) ob-
served on MJD 59231.34 (17 January 2021). Using the adaptively binned light
curve in the considered thirteen years the source flux was above 10−6 photon cm−2 s−1

in total for 41.5 days. The photon index variation in time is investigated us-
ing a 3-day binned light curve. The photon index is mostly soft with a mean
value of Γmean = 2.15 but occasionally it hardened to Γ < 2.0. The hardest
indexes of 1.48 ± 0.22 and 1.61 ± 0.17 were observed on MJD 57771.16 (18
January 2017) and 55782.16 (09 August 2011), respectively.

The time evolution of the γ-ray emission is also investigated by generating
the SED at different times. When the SEDs are constructed for short periods
(e.g., three-day bins or for the time intervals identified in the adaptive bins
lightcurve) the spectrum can be measured only up to the moderate energies,
not enough for a detailed study. Therefore, the Bayesian block algorithm
[237] is used to divide the γ-ray light curve into optimal intervals which are
represented by an approximately constant flux. By applying this algorithm,
the points where the flux changes from one state to another will be identified,
providing the γ-ray spectra of the source in different states. The Bayesian
block algorithm applied to the adaptively binned light curve divides the en-
tire period into 218 intervals with a similar flux level. The shortest period
is 5.81 hours during a flare while in the low emission state the longest pe-
riod is 278.74 days. The spectral analysis is applied by limiting the time for
each interval selected based on the Bayesian block. During the analysis, the
spectrum of BL Lac is assumed to be a power-law with spectral index and
normalization left as free parameters. The best matches between the spectral

1https://fermi.gsfc.nasa.gov/ssc/data/access/lat/LightCurveRepository/index.

html
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Figure 4.1 The multiwavelength light curve of BL Lac between August 04,
2008 and March 01, 2020. a) Adaptively binned γ-ray light curve (> 196.7
MeV); b) 3-day binned γ-ray light curve (> 100 MeV); c) Swift XRT light curve
in the 2.0-10 keV range; d) 0.3-10.0 keV X-ray photon index; e, f) host galaxy
corrected flux in W1, M2, W2, V, B, and U filters.
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Figure 4.2 The SED of BL Lac in different periods. Left panel: The periods
with a soft X-ray spectrum as modeled within the two-zone leptonic scenario.
The dashed lines show the synchrotron emission from the second region and
the solid lines are the sum of the contribution from both regions.Right panel:
The usual hard X-ray spectrum (Swift XRT and NuSTAR) observed on MJD
59133.88 (11 October 2020).

models and events are obtained with an unbinned likelihood analysis imple-
mented in gtlike. Depending on source intensity the spectrum of BL Lac is
obtained by separately running the analysis for 4 or 7 energy bands of equal
width in log scale.

4.2.1 Swift XRT

During the considered period, the Swift satellite observed BL Lac 610 times
with single exposures ranging from 1.13 to 16.46 ks. All the data were down-
loaded and processed using Swift xrtproc automatic tool for XRT data anal-
ysis developed within the Open Universe Initiative [116]. This tool automat-
ically downloads the raw data and processes it using the XRTPIPELINE task
adopting standard parameters and filtering criteria. For each observation, it
extracts the source events from a circle with a radius of 20 pixels centered at
the position of the source, while the background counts are taken from an
annular ring centered at the source. The tool applies also pile-up correction
when the source count rate is above 0.5 counts s−1. Then it loads the un-
grouped data in XSPEC (version 12.11) for spectral fitting using Cash statis-
tics [57], modeling the source spectrum as a power-law and a log-parabola
model with the Galactic absorption column density fixed to 2.7× 1021 cm−2

[e.g., 156, 260, 78].
The 2-10 keV X-ray flux variation is shown in Fig. 5.1 panel c). The base-

line flux is around 2× 10−11 erg cm−2 s−1 although small amplitude changes
are visible in different observations. In three periods, MJD 56300 (08 Jan-
uary 2013), MLD 59140 (18 October 2020) and MJD 59235 (21 January 2021),
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4 A thirteen-year-long broadband view of BL Lac

the flux substantially increased reaching the maximum of (1.41 ± 0.06) ×
10−10 erg cm−2 s−1 on MJD 59128.18 (06 October 2020). This is the historical
highest flux of BL Lac in the soft X-ray band.

The X-ray photon index in different observations is shown in Fig. 5.1 panel
d). Most of the time, the photon index is hard (≤ 2.0) implying that the
X-ray emission is due to the rising part of the HE component in the SED
of BL Lac. However, the photon index undergoes interesting modifications
reaching 2.0 which corresponds to a flat distribution in ν f ν vs ν representa-
tion. For example, such tendency can be noticed after the X-ray flare around
MJD 56300 (08 January 2013). In the considered periods, also a significant
softening of the photon index is observed; e.g., in 36 observations the X-ray
photon index is > 2.3 (considering only the observations when the number
of counts was > 100) which is unusual for BL Lac and more typical of HBL
blazars. Examples of optical/UV and X-ray spectrum of BL Lac during such
changes are shown in Fig 4.2. The X-ray component started to soften starting
from MJD 59113.16 (21 September 2020) when an index of ΓX = 2.43± 0.11
was observed. Then, the photon index softens to ΓX = 2.84± 0.03 on MJD
59128.18 (06 October 2020) during the brightest X-ray emission state (light
blue squares in Fig. 4.2). In this period the optical/UV flux increased sub-
stantially as well, showing that the low-energy component now extends to
the X-ray band. Such soft X-ray emission with ΓX = 2.82± 0.07 and a flux of
FX(0.3−10 keV) = (7.68± 0.47) × 10−11 erg cm−2 s−1 (red circle in Fig.4.2) was
also observed on MJD 59128.91 (06 October 2020). In the next two obser-
vations (MJD 59129.90 (07 October 2020) and 59131.83 [09 October 2020]),
the X-ray flux was constantly decreasing and the photon index was ΓX =
2.52 − 2.70. The softest photon index of ΓX = 2.87 ± 0.11 was observed
on MJD 59132.88 (10 October 2020; magenta triangles in Fig. 4.2) when the
source flux was FX(0.3−10 keV) = (2.44± 0.16)× 10−11 erg cm−2 s−1. However,
this component fades in the next observations (e.g., on MJD 59133.81 [11 Oc-
tober 2020]) and in the X-ray band the usual HE component is observed.There
were additional periods when softening in the X-ray band was observed
(ΓX ≥ 2.5); for example, on MJD 58685.98 (21 July 2019) and 58686.90 (22
July 2019) and between MJD 58740.42-58741.41 (14-15 September 2019) the
X-ray photon index was ΓX = 2.51− 2.64 with a flux between FX(0.3−10 keV) =

(8.36− 17.64)× 10−12 erg cm−2 s−1.
The X-ray flux evolution was further investigated by comparing it with the

photon index in different states. When considering the entire observational
period with diverse X-ray emission properties, any trend (if present) will be
smoothed out. For this reason, the X-ray photon index versus the flux was
investigated by selecting the periods around two major flares visible in Fig.
5.1; namely within MJD 56160-56350 (21 August 2012- 27 February 2013) and
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Figure 4.3 BL Lac X-ray photon index versus the flux during two major X-ray
flares. The correlation trend is shown with a red line.

MJD 59000-59350 (31 May 2020- 16 May 2021). The results are shown in Fig.
4.3. The linear-Pearson correlation test applied to the data during the first
flare (MJD 56160-56350; 21 August 2012- 27 February 2013) yields −0.45, the
p-value being 1.6× 10−6 for N = 102 observations, implying a negative corre-
lation between the flux and photon index, i.e., when the source gets brighter,
the photon index decreases (hardens). This behaviour has already been ob-
served for many flaring blazars [e.g. 112]. On the other hand, for the second
flare the linear-Pearson test results in 0.47 with a p-value of 0.001 for N = 45.
This implies that during the X-ray flare the photon index softens, so a softer-
when-brighter trend is observed. This shows that two major flares observed
in the X-ray band for BL Lac are different by their nature and are caused by
different processes. Similar behavior of the X-ray flux of BL Lac was already
seen in the previous studies [e.g., 261, 260, 78].

4.2.2 Swift UVOT

UVOT observed BL Lac in all six filters, V (500-600 nm), B (380-500 nm), U
(300- 400 nm), W1 (220-400 nm), M2 (200-280 nm) and W2 (180260 nm) simul-
taneously with the XRT. All single observations of BL Lac were downloaded
and reduced using HEAsoft version 6.27 with the latest release of HEASARC
CALDB. The data are reduced using standard procedures, by selecting source
counts from a circular region of 5′′ around the source, while the background
counts were estimated from a 20′′ region away from the source. Host galaxy
contributions were subtracted following (author?) [213] and (author?) [211]
by assuming a flux density of 2.89, 1.30, 0.36, 0.026, 0.020, and 0.017 mJy for
the host galaxy in the V, B, U, W1, M2, W2 bands, respectively. For the con-
sidered source extraction radius, the host galaxy contribution is ∼ 50% of the
total galaxy flux, which is removed. uvotsource tool was used to derive the
magnitudes which were converted to fluxes using the conversion factors pro-
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4 A thirteen-year-long broadband view of BL Lac

vided by (author?) [206] which then were corrected for extinction using the
reddening coefficient E(B−V) from the Infrared Science Archive 2.

The optical/UV flux evolution in time is shown in Fig. 5.1 panel e) and f)
separating the flux in V, B, U and W1, M2 and W2 filters. The source flux is rel-
atively constant at the level of a few times 10−11 erg cm−2 s−1 up to MJD 56500
(27 July 2013). A flaring activity occurred around MJD 56617-56622 (21-26
November 2013) when the flux in all filters exceeded 10−10 erg cm−2 s−1. The
major flaring activity started on MJD 59072 (11 August 2020) and the base-
line flux level was above 10−10 erg cm−2 s−1. The maximum flux of (5.80±
0.14)× 10−10 erg cm−2 s−1 was observed in the V band on MJD 59249.26 (04
February 2021). The maximum flux in B, U and M2 filters was also above 5×
10−10 erg cm−2 s−1 while that in W1 and W2 was around 4× 10−10 erg cm−2 s−1.

4.2.3 Archival data

To achieve as much as possible a complete view of the broad-band emis-
sion from BL Lac we have also considered all the available multi-frequency
archival measurements alongside with the data from Fermi-LAT, Swift XRT
and UVOT. These include a) optical data monitoring from the ASAS-SN Sky
Patrol web site 3 [146], b) NuSTAR data from the observations of BL Lac on 11
December 2012 (MJD 56272), 14 September 2019 (MJD 58740) and 11 October
2020 (MHD 59133) from Middei et al. 2021, submitted, and c) any other multi-
frequency measurements available from the VOU BLazars tool [64] and the
ASI Space Science Data Center (SSDC) archive 4. In addition we also con-
sidered the observations of BL Lac carried out by VERITAS on June 11, 2011
[MJD 55740 21] and on October 5, 2016 [MJD 57697 8] and by MAGIC be-
tween June 15 and 28, 2015 [MJD 57188-57201 157]. The combination of all
these data sets results in an unprecedented amount of observations of BL Lac
covering the spectrum from radio frequencies to HE and VHE γ-ray bands
over a period of nearly 13 years, from 2008 August to 2021 March.

4.3 Modeling the SEDs

In this section we use the data assembled as described above to investigate
the evolution of the broadband spectrum of BL Lac between 2008 August
and 2021 March. To this end we have generated a large number of quasi con-
temporaneous SEDs by plotting the computed γ-ray spectra together with

2http://irsa.ipac.caltech.edu/applications/DUST/
3https://asas-sn.osu.edu/
4https://www.ssdc.asi.it
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the data available in all other energy bands in each of the Bayesian intervals
defined in Sec. 4.2. To illustrate the temporal evolution of the broad band
emission from BL Lac in a visually effective way we have combined these
SEDs to form an animation that is available as Supplementary data and at the
following link: youtube.com/L1yT105UGYM. Flux changes in the optical/UV,
X-ray and γ-ray bands are evident. In the γ-ray band, the spectrum hardens
together with the flux amplification, resulting in a shift of the peak of the sec-
ond component to higher energy values. During the brightest X-ray state (on
MJD 59128.18; 06 October 2020), the low-energy SED component extended to
the X-ray band as a consequence of a significant change of the location of the
synchrotron peak from the usual ∼ 1014 Hz to ∼ 1016 Hz, well into the HBL
regime [192, 5]. Such a large modification, never observed before in BL Lac ,
marks the extraordinary nature of this flare, which has been studied also by
(author?) [78] and (author?) [208].

The classical double-humped SED of BL Lac is usually interpreted within
leptonic scenarios. The EGRET observations of BL Lac [236, 156] revealed that
modeling of the HE data requires a component that extends beyond the SSC
radiation generated in a single emission zone: one-zone leptonic modeling
requires a very high Doppler factor (δ; δ ' Γjet, where Γjet is the bulk Lorentz
factor) or an extended emission region. Since then the SED of BL Lac has
been conventionally modelled within two-zone scenarios [e.g. 6, 157] or as-
suming inverse Compton scattering of external (EIC) photons [e.g., 156, 43].
External Compton scenarios are favoured in BL Lac, considering the detec-
tion, although weak, of the Hα line [72, 50], which points to the presence of a
broad-line region (BLR). Even if this BLR is not large enough to absorb VHE
γ-rays through γ− γ interaction [e.g., 90], it can provide targets for inverse
Compton up-scattering. For example, by modeling the SED of BL Lac, (au-
thor?) [6] showed that the SSC+ERC scenario provides reasonable modeling
of the data also during the low state and the inverse Compton scattering of
the BLR-reprocessed radiation strongly dominates over that directly from the
disc.

In an effort to understand the processes dominating in the jet in different
physical conditions we investigated the broadband emission from BL Lac by
modeling the SEDs observed in different periods. From the SED/light curve
animation discussed above we have selected all periods with sufficient multi-
wavelength data, typically those with flux measurements in at least the opti-
cal/UV, X-ray and γ-ray bands. This allowed us to assemble 511 high-quality
and quasi-simultaneous SEDs representing BL Lac in a variety of emission
states. All these SEDs are modeled assuming that the emission region (’the
blob’) is a sphere with radius R, including a magnetic field of intensity B and
a population of relativistic electrons following an energy distribution defined
by a power law with an exponential cutoff, as expected from shock accelera-
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tions:
N(γ′) = N′eγ′−p Exp(−γ′/γ′cut) (4.3.1)

for γ′ > γ′min where γ′min and γ′cut are the minimum and cut-off energy of
the electrons, respectively. It is assumed that the emission region is located
inside the BLR and the low energy SED component is interpreted as syn-
chrotron emission of relativistic electrons, while the second SED component
is due to inverse Compton up-scattering of photon fields from the jet itself
[SSC model e.g., 163, 38] and those reprocessed from the BLR clouds [EIC
BLR; 240]. The BLR is assumed to be spherical shell with an average radius
of RBLR = 7× 1016 cm and lower and upper boundaries of 0.9× RBLR and
1.2 × RBLR, respectively [90]. The BLR reflects 10% of the disc luminosity
whose emission is approximated as a mono-temperature black body with a
luminosity of Ld = 3× 1043 erg s−1. This luminosity was estimated with a
requirement that the disc component does not overproduce the optical/UV
data in any period. We note that RBLR and Ld define the density of the ex-
ternal photon fields, so their small changes do not affect the results and only
will result in moderate changes in the normalization of the electrons.

Our 511 SEDs represent an ample variety of different states of BL Lac and
in some periods the simple one-zone model described above cannot explain
the observed data. For example, when the X-ray spectrum softens neither
the synchrotron component (defined by the optical/UV data) nor SSC com-
ponent which has a rising shape cannot account for the X-ray flux. In these
cases the SEDs were modeled considering two-zone scenarios, assuming that
one region is within the BLR and the other is outside [e.g., see Fig. 2 panel c)
in 250].

The broadband SEDs model fitting was carried out using the open source
package JetSet [168, 254, 255, 256]. The free model parameters (p, γcut, γmin,
δ, R and B) are constrained by using the Minuit optimizer and then im-
proved by Markov Chain Monte Carlo (MCMC) sampling of their distribu-
tions. The quality of the fits was checked by calculating the goodness-of-fit
and by checking MCMC diagnostic plots. In principle, R can be constrained
either from the variability consideration or from SED fitting. If high qual-
ity data are available, detailed variability studies may constrain the radius
from the relation R ≤ δ t c/(1 + z). However, in the current case, due to the
high number of the considered periods for the modeling (511), proper vari-
ability studies in each period are impossible. Therefore, in the SED fitting
R is considered as a free parameter allowing to vary within the range de-
fined by the applied model, i.e., the emission region is inside the BLR. When
two-zone modeling was considered, to reduce the number of free parameters,
different but fixed radii were used for the emitting regions.Since the TeV or
X-ray observations in the bright states reveal that the flux varies on minute
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Figure 4.4 The broadband SEDs of BL Lac observed in different emission
states. a) The emission components obtained from the modeling of all SEDs
with contemporaneous data collected during 2008 August-2021 August. b)
The SED of BL Lac in the normal emission state. c) BL Lac SED modeling with
VHE γ-ray data from MAGIC observations [157]; corrected for extragalactic
background light absorption using the model of (author?) [89]. d) The SED of
BL Lac during the brightest X-ray period modeled within two-zone scenario.

scales, implying that the emitting region outside BLR should be very com-
pact, R = 1015 cm was assumed. On the other hand, the optical/UV and
γ-ray fluxes vary albeit not on such short scales, so for the blob within the
BLR R = 1016 cm was used. Also, both emitting regions were assumed to
have the same Doppler boosting factor. In principle, because of orientations
those regions can have different Doppler boosting factors which, however,
will introduce an additional free parameter.

4.3.1 SEDs modeling results

The animation of our 511 high-quality and quasi-contemporaneous SEDs of
BL Lac together with the corresponding modeling is available as Supplemen-
tary data and at the following link youtube.com/watch?v=f3a5CGukbbE. In
this animation, the sum of all model components is plotted as a solid blue
line, while the SSC and EIC components appear as green and orange lines,
respectively. The disc emission, approximated as a black body with inten-
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4 A thirteen-year-long broadband view of BL Lac

sity that is always below the synchrotron component, is shown in magenta.
Fig. 4.4 shows the emission components in all 511 SEDs (panel a) and some
frames representing special states (panels b-d). The optical/UV data con-
strain the tail of the synchrotron component which peaks at ∼ 1014 Hz and,
despite large flux variability, it remains almost unchanged as can be seen from
Fig. 4.4 panel a) (blue curves; the bright and soft X-ray periods were not con-
sidered). The SSC emission of the synchrotron emitting electrons starts to
dominate around 1017 Hz extending up to ∼ 1023 Hz (green dot-dashed lines
in Fig. 4.4 panel a) while at higher frequencies EIC of BLR photons dominates
(orange dot-dot-dashed lines in Fig. 4.4 panel a). The change of intensity of
these components show high-amplitude variability of BL Lac emission in the
optical/UV, X-ray and γ-ray bands. The variability in the radio band cannot
be tested, as the data are missing for most of the cases. Moreover, the radio
emission at lower frequencies can be produced, with significant time-lags, by
the low-energy electrons in extended regions which is not associated with the
emission in other bands.

The modeling provides estimates of the physical parameters describing the
emission from BL Lac and allows us to investigate their changes in time. The
evolution of the p, γmin, γcut, δ and B parameters is shown in Fig. 4.5 panels
a) to e). The minimum energy of electrons γmin is mostly below 10 (Fig. 4.5
panel b) implying that even lower-energy electrons are efficiently accelerated.
The power-law index (p) is mostly within 1.2− 2.3 (Fig. 4.5 panel a) and is
defined by fitting the X-ray data with the SSC component. Its variation is
in accordance with the changes of the X-ray photon index shown in Fig. 5.1
(panel d). The the cut-off energy obtained from the modeling of SEDs in
different periods is shown in Fig. 4.5 panel c) which is defined mostly by the
optical/UV and sometimes by γ-ray data; the minimal and maximal values
of the cut-off energy are 311± 13 and 2438± 208, respectively. Despite such
change in the cut-off energy, the low- and high- energy peaks in the SED do
not deviate to higher frequencies; the peak positions are determined by the
product of γcut and B. In this case, the magnetic field (see Fig. 4.5 panel
e) varies in the range of B = 0.80− 14.65 G but, in particular, when a high
γcut was estimated, B was around its lower level (see Fig. 4.5). It is also
interesting to investigate the evolution of the Doppler factor δ (Fig. 4.5 panel
d) which was estimated under the assumption of a constant viewing angle.
This parameter remained mostly below 20 but it reached the maximum value
of δ = 63 on MJD 59117.4 (25 september 2020) when the major γ-ray flares
were observed.

An example of SED modeling during the period of MJD 54989.3-55014.9 (07
June- 02 July 2009), when the source was not flaring in any band, is shown
in Fig. 4.4 panel b). The synchrotron emission of the accelerated electrons
explains the archival (gray) and optical/UV (light blue) data, while the X-ray
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Figure 4.5 The evolution of electron parameters obtained from the modeling
of 511 quasi-contemporaneous broadband SEDs of BL Lac. a) the power-law
index of the emitting electrons, b) and c) minimum and cut-off energy of the
emitting electrons, respectively. d) and e) Doppler factor and magnetic field
estimated in different periods. f) and g) the jet luminosity in particles and in
magnetic field.
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emission (blue) is due to SSC emission. This SSC component extends up to
1020 Hz and the emission in the γ-ray band is dominated by the IC scattering
of BLR photons. This shows that even in the quiescent state of the source, the
external photon field (BLR) is necessary to explain HE γ-ray data. The power-
law index of the emitting electrons is p = 1.92± 0.03 and γcut = 715± 35,
while the emitting regions size is R = 4.08× 1015 cm which moves with a
Doppler factor of δ = 12.7. The system is close to the equipartition Ue/UB '
1.5 with B = 2.91± 0.12 G.

An example of the BL Lac SED modeling with VHE γ-ray data from MAGIC
observations is shown in Fig. 4.4 panel c). When considering a one-zone sce-
nario, the optical/UV data with a decreasing trend constrains the cut-off en-
ergy of the emitting electrons and the IC scattering of 1− 5 eV synchrotron
or BLR photons on them will only reach the MeV/GeV band, unable to ac-
count for the VHE γ-ray data. These periods (8 among the considered SEDs)
are modeled within two-zone scenarios, considering the emitting regions in-
side and outside the BLR. The emission observed in the radio to HE γ-ray
bands is dominated by that from the region within the BLR, and the VHE γ-
ray data are explained by the SSC emission from the compact region. In the
extended region (R = 1016 cm), B = 1.87± 0.08 G and the emitting electrons
have γ′−1.28±0.02 distribution with γ′cut = 1082± 36. Instead, in the compact
region, requiring that its synchrotron emission is lower than that from the
other region, B = 3.32 × 10−2 G is estimated, implying that the electrons
can be accelerated to higher energies, i.e., γ′cut = 1.39× 105 was estimated
in this case. The contribution of these electrons with p = 2.17 starts to dom-
inate above ∼ 30 GeV when the spectrum of IC scattering of BLR photons
decreases, explaining the data observed by MAGIC.

Similar two-zone models are also required when the soft component in the
X-ray band is observed. The synchrotron component defined by the avail-
able optical/UV data effectively extends up to 1017 Hz (∼ 400 eV), unable to
account for the observed X-ray data. Thus, in the X-ray band an additional
component is dominating. Among the selected periods, 38 SEDs with a soft
X-ray spectrum were modeled within the two-zone scenario; an example of
SED modeling when the brightest X-ray emission was observed is shown in
Fig. 4.4 panel d). The Doppler boosting factor of both emitting regions is
δ = 16.44 but they are filled with different distributions of electrons. For
example, the X-ray emitting electrons (the region outside BLR) have γ−1.49

distribution above γmin = 761 with a cut-off energy of 1.10× 104. Instead,
the electrons in the other region have a softer distribution with 2.02± 0.25
and are accelerated only up to moderate energies of γcut = 1559± 213. The
magnetic field in the region outside the BLR is stronger (B = 7.28 G) than
that in the other region (B = 1.71± 0.02 G) which is because i) the first re-
gion has a smaller radius and ii) the synchrotron emission should be at higher
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frequencies, reaching up to the X-ray band.

4.4 Discussion

We performed a comprehensive investigation of the large and complex lumi-
nosity and spectral variability of BL Lac using the data taken by Fermi-LAT,
Swift-XRT and Swift-UVOT between 2008 August and 2021 March. Using the
unprecedented amount of the available multiwavelength data we performed
an in-depth study of the origin of nonthermal emission from BL Lac.

In all the energy bands considered, the source shows multiple periods
when the flux exceeds its average level by substantial amounts. The adap-
tively binned light curve, encapsulating more information, provides a de-
tailed timing view of the γ-ray flares. The maximum γ-ray flux of Fγ(>
196.7 MeV) = (4.39 ± 1.01) × 10−6 photon cm−2 s−1 was observed on MJD
59231.34 (17 January 2021), associated with a flat spectral slope with photon
index of 2.03± 0.21. This implies an energy flux, εFε, of 9.39× 10−9 erg cm−2 s−1

in the 0.1-300 GeV energy range, corresponding to an isotropic γ-ray lumi-
nosity of Lγ = 4 π d2

LεFε = (1.06± 0.24)± 1047 erg s−1 for a ∼ 307 Mpc dis-
tance. Assuming a Doppler factor of δ = 20 this corresponds to Lγ/δ2 ' 2×
1044 erg s−1 in the proper frame of the jet. This value largely exceeds the disc
luminosity estimated under any reasonable assumption (e.g., 3× 1043 erg s−1

to not overproduce the observed optical/UV data) implying extreme ener-
getics during the γ-ray flares [e.g., 108]. Unlike the flux, the photon index
does not usually vary significantly, although it occasionally hardens to val-
ues < 2.0. Such hardening, for example, was noticed after the brightening
observed on MJD 59247.4 (02 February 2021) when the γ-ray flux measured
within three days was (3.32± 0.15)× 10−6 photon cm−2 s−1; the photon index
was within 1.79− 1.89 during MJD 59247.4-59256.4 (02-11 February 2021).

The Swift-XRT observations spanning different years showed an interest-
ing behaviour of BL Lac. Although there can be seen flux variations in differ-
ent observations, there are two major flaring activities on MJD 56268.65 (07
December 2012) and 59128.18 (06 October 2020) when the source was in an
elevated state for a prolonged period. Even though during these flares the
flux increased almost at the same level, the photon index was significantly
different. During the first flare, when the 0.3-10 keV flux reached it maxi-
mum value of (8.68± 0.84)× 10−11 erg cm−2 s−1 and the traditional harder-
when-brighter trend was observed. In the X-ray band, this is a known be-
haviour for blazars [112, 274, 117]. On the other hand, during the second
flare the linear-Pearson test resulted in 0.47 showing softer-when-brighter
trend. Such a pattern was also observed in the X-ray emission of OJ 287 [e.g.,
138, 116, 147]. During this flare, when the highest X-ray flux was observed
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(on MJD 59128.18), the spectral index is 2.84± 0.03 - very different from the
values normally observed in BL Lac (typically ΓX ≤ 2.0). There are 36 ad-
ditional occasions when the X-ray spectrum softened (ΓX ≥ 2.3; see Fig. 5.1
panel d) but the exceptional softening during this flare was never observed
for BL Lac.

The softening of the X-ray spectrum also affects the peak frequency of
the synchrotron component. When the soft component is associated with
a high X-ray flux (i.e., FX(0.3−10 keV) > 10−11 erg cm−2 s−1) the peak of the SED
low-energy component reaches frequencies of ∼ 1015 - 1016 Hz, instead of
the usual ∼ 1014 Hz, temporarily placing BL Lac into the domain of HBL
blazars. This component is present during the period MJD 59124.73-59132.88
(02-10 October 2020) when the flux rises from FX(0.3−10 keV) = (4.83± 0.40)×
10−11 erg cm−2 s−1 with ΓX = 2.69± 0.11, and reaches FX(0.3−10 keV) = (3.24±
0.08) × 10−10 erg cm−2 s−1 (ΓX = 2.84± 0.03) on MJD 59128.18 (06 October
2020). This component fades on MJD 59132.88 (10 October 2020) when the
flux decreases to FX(0.3−10 keV) = (2.44 ± 0.12) × 10−11 erg cm−2 s−1 (ΓX =
2.87± 0.12).

During these soft states (38 among the selected 511 periods) the source’s
X-ray emission is driven by a new HBL-like component, which significantly
differs from the usual X-ray spectrum of BL Lac. Our modeling shows that
this component may come from a separate emission zone with specific prop-
erties, like the size of the emission region, the population of electrons, etc. As
an example, some of the SEDs observed during the soft X-ray emission period
are shown in Fig. 4.2. The new soft component clearly goes beyond the syn-
chrotron radiation constrained by the optical/UV data and is interpreted as
synchrotron emission from the second region (dashed line) containing much
more energetic particles. For example, the electrons should be accelerated
up to γcut = 1.76× 104 with p = 1.15 to explain the data observed on MJD
59124.73 (02 October 2020; red line). Similar parameters obtained from the
modeling of the SED on MJD 59128.18 (06 October 2020) are γcut = 1.10× 104

and p = 1.49 (blue line) but the magnetic field is 7.28 G, significantly higher
compared to the previous case (1.65 G). Such a large magnetic field is re-
quired because of the increase in the X-ray flux (∼ 6.11 times) which cannot
be explained by changing γcut; p and γcut are also constrained by the γ-ray
data. The X-ray flux variation impacts the magnetic field which decreases to
B = 0.27 G on MJD 59132.88 (10 October 2020) when the soft X-ray compo-
nent was with a low state. The electrons in the emitting region are still ener-
getic with γcut = 5.47× 104 but their contribution starts to be subdominant.
In fact, the usual hard X-ray component which is interpreted as SSC radiation
from the blob inside the BLR dominates already on MJD 59133.81 (11 October
2020; Fig. 4.2 right panel). This implies that either the acceleration/injection
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of the energetic electrons is not efficient anymore or due to the drop of the
magnetic field these electrons cool down on longer time scales; for example,
when B = 0.1 G the cooling of γ = 5× 104 electrons in the observer frame
is tcool = 6 π me c (1 + z)/σT B2 δγ = 1.3 (B/0.1 G)−2 (δ/15)−1 (γ/5× 104)−1

day.
The composition of the second emitting region (Ue/UB) changes during

the periods shown in Fig. 4.2. A slightly particle dominated region (Ue/UB '
12.3) is necessary to explain the SED on MJD 59124.73 (02 October 2020) while
it should be magnetically dominated with Ue/UB ' 0.49 to explain the data
observed on MJD 59128.18 (06 October 2020) and it is strongly particle dom-
inated on MJD 59132.88 (10 October 2020) with Ue/UB ' 3.1 × 103. This
indicates that the X-ray flare was caused by the injection of new energetic
particles and by sudden increase of the magnetic field. This is in agreement
with the observation of the softer photon index during the bright X-ray state;
due to the high magnetic field the electrons cool faster forming a soft spec-
trum with the increase of intensity.

The observed VHE γ-rays are also most likely produced from the second
emission zone, although its composition is different. This region still contains
energetic electrons with γcut ' 105 but the magnetic field is low (0.02− 0.1 G),
so the region is strongly particle dominated with Ue/UB ≥ 103. This makes
the emission from these electrons significant in the VHE γ-ray band with no
significant contribution at lower energies.

Our modeling shows that the overall emission from BL Lac from time to
time is produced from two regions separated in the jet. We note that an ex-
cess of a new component in the X-ray band was already noticed in previous
observations of BL Lac in 2007-2008: the XMM Newton observations showed
that the X-ray spectrum was flat/concave producing a mild soft-X-ray excess,
suggesting that two components are contributing in this band [212]. This ex-
cess was interpreted by the helical jet model of [258]. Also BeppoSAX obser-
vations indicated presence of two synchrotron components in the broadband
SED of BL Lac [217]. The formation of the second emission region can be ex-
plained in the framework of other hypotheses as well. For example, it can be
a local reconnection outflow in the jet in a jet scenario [110, 111]. The second
population of energetic electrons can be formed also when the energetic pro-
tons interact in the jet; the electrons are produced from the decay of muons
and are more energetic than the initial cooled electrons. The radiative sig-
nature of these electrons initially appears at HE, which in time is shifted to
lower energies. In the scenario considered by [171] the second emission re-
gion could be where occasionally accelerated protons radiate X-ray photons
via the synchrotron mechanism and interact with them via photomeson pro-
cesses producing detectable high-energy neutrinos [248].

The extensive modeling of SEDs presented in this paper shows that ex-
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cept for the cases when BL Lac was in a high and soft X-ray emission or a
flaring VHE γ-ray state (46 in total), a one-zone leptonic model involving in-
verse Compton scattering of synchrotron and BLR-reprocessed photons gives
a reasonable modeling of the data. The parameters values obtained from our
modeling are similar to those typically estimated for blazars; their evolution
in time is shown in Fig. 4.5. In some cases, the power-law index of the emit-
ting electrons (panel a) on Fig. 4.5) should be hard (< 2.0) to account for the
observed X-ray data. Such a hard injection index is difficult to obtain within
standard shock accelerations, but it can be achieved when the particles are
accelerated via magnetic reconnection [245]. For example, (author?) [121]
using fully kinetic simulations demonstrated that in highly magnetized envi-
ronments (σ >> 1) the spectral index of the particles approaches p = 1.0; the
σ >> 1 condition is required so that the time scale over which particles are
injected into the acceleration region is longer than the first-order Fermi accel-
eration time. The cut-off energy of the emitting electrons takes value between
311± 13 and 2438± 208 and shows that the electrons are efficiently acceler-
ated up to ∼ 1 GeV during the flares. The cut-off energy is naturally formed
when the acceleration is limited by the cooling or dynamical time scale [e.g.,
265, 275, 228, 28]. For example, when the particles are abruptly injected into
the emitting region, they start to loose energy or escape the region, so the HE
tail of the particle distribution steepens and a cut-off is formed. In principle,
the cut-off energy values given in Fig. 4.5 panel c) can be obtained under a
reasonable assumption for the injection and escape times. It should be noted
that a similar cut-off feature in the electron spectrum will be formed also in
the case of an episodic injection with an energy-dependent escape.

The comparison of the multiwavelength light curve shown in Fig. 5.1 with
the Doppler boosting factor evolution in time given in Fig. 4.5 panel d) shows
that it substantially increases when the source is bright in the γ-ray band.
This is a consequence of the current interpretation the γ-ray data as inverse
Compton scattering of the external photon field whose density transferred
to the jet frame is u

′
ph ∼ δ2 u. Therefore, any increase in the γ-ray luminos-

ity would require a larger δ. Although the values estimated for BL Lac and
shown in Fig. 4.5 are not physically unrealistic, in other interpretations, e.g.,
in two zone emission scenarios, a lower value of δ would be acceptable.

The modeling allows us to assess the luminosity of the jet in various peri-
ods. The evolution of the power (luminosity) carried by the jet in the form of
electrons and magnetic field computed as Le = πcR2

bΓ2Ue and LB = πcR2
bΓ2UB

respectively, is shown in Fig. 4.5 panels f) and g), respectively. Both are rel-
atively constant with a mean luminosity of Le,mean = 1.12× 1044 erg s−1 and
LB,mean = 5.09× 1044 erg s−1, but they slightly increased during flaring peri-
ods. The jet is magnetically dominated in the periods when the optical/UV
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data (defined by the synchrotron component) exceeds the X-ray data (defined
by SSC), for the other cases Le/LB > 1 was estimated. The total luminos-
ity (Ltot = Le + LB) varies within (0.07− 8.86)× 1045 erg s−1 which is lower
than the Eddington luminosity 4.75 × 1046 erg s−1 for a black hole mass of
3.8× 108 MBH [262]; see also (author?) [92, 50, 107, 253]. Moreover, this con-
dition will be still satisfied when considering the second emission region with
Ltot = (0.1− 8.1)× 1044 erg s−1, comparable to the luminosity of the other re-
gion.

The multiwavelength SED of BL Lac observed in different periods has
been modeled within various scenarios [e.g., 156, 236, 216, 42, 6, 261, 157].
For example, in (author?) [6] the synchrotron/SSC, two-zone SSC and syn-
chrotron/SSC plus EIC models were considered to fit the averaged (2008 Au-
gust 20September 9) SED of BL Lac. The SSC and EIC emission of electrons
initially injected with a 2.85 power-law index in the emitting region with a ra-
dius of 3× 1015 cm which moves with a bulk Doppler factor of 15 can repro-
duce the observed data. This model is preferred also from the viewpoint of
equipartition considerations, i.e., LB/Le = 1.48. Alternatively, (author?) [157]
considered a two-zone scenario for modeling the VHE γ-ray flare of BL Lac,
discussing a different setup for the emitting regions. Assuming a smoothed
broken power-law distribution for the emitting electrons, correspondingly 2.0
and 3.2 (3.7) indices were estimated before and after the break for the com-
pact (extended) emitting region. The minimum energy of the electrons is 50
and 3.0 for the compact (1015 cm) and extended (1017 cm) emitting regions,
respectively, which move with a Doppler factor of 60 and 7, respectively. The
parameters obtained here are not substantially different from those usually
estimated for BL Lac. The long-term flux variability of BL Lac is also dis-
cussed in the context of the geometrical changes, i.e., in the jet the emitting
regions have different orientations with respect to the line of sight [213].

4.5 Conclusion

In this paper we have presented a long-term (thirteen-year-long) multiwave-
length study of the peculiar blazar BL Lac. Using an adaptive binning method
for the generation of the γ-ray light curve a very different state of the source
emission was identified and studied, revealing complex and high-amplitude
variability. Thanks to the good X-ray coverage (610 Swift XRT observations),
two major X-ray flaring activities were identified. Although X-ray flux vari-
ations are common in BL Lac, the observed flaring activities showed sub-
stantially different properties; during the flare observed on MJD 59128.18 (06
October 2020) the flux increase was associated to a X-ray photon index soft-
ening to 2.84± 0.03, resulting from the shift of the synchrotron peak to higher
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frequencies. We investigated the evolution of the X-ray photon index in time
and identified additional 38 periods when the X-ray photon index softens, ex-
tending the X-ray emission beyond the synchrotron component extrapolated
from the optical/UV band.

We also performed a comprehensive modeling of BL Lac SEDs selected in
different periods. Most of the time the broad-band emission of the source can
be described within a simple one-zone scenario when the emission region
is inside the BLR, considering the inverse-Compton up-scattering of both
synchrotron and BLR reprocessed photons. However, in the periods when
the X-ray emission is associated to a soft spectral index and when VHE γ-
rays were observed, the data could be modeled only considering a second
emitting region outside the BLR. The modeling shows that, depending on
the magnetic field and the Ue/UB ratio, the radiative signature of the sec-
ond emitting region contributes to either the X-ray or VHE γ-ray bands. The
model parameters estimated through fitting 511 broadband SEDs allow us to
track the changes in the jet that are responsible for multiwavelength flares.

The accumulation of a large number of high-quality data from the obser-
vations in different bands provides an exceptional chance to investigate the
dynamical evolution of jet radiation in time. Through this new comprehen-
sive approach the main properties defining the jet physics can be compared
and contrasted, helping to unveil the origin of the emission in different peri-
ods.
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5 Modeling the time variable
spectral energy distribution of
the blazar CTA 102 from 2008
to 2022

5.1 Introduction

Active galactic nuclei powered by supermassive black holes with masses of
106-1010 M� are the most luminous persistent objects in the extragalactic sky.
In some AGNs a relativistic jet is formed perpendicular to the accretion disc
plane and it plays a crucial role in blazar classifications. According to the uni-
fication scheme developed by (author?) [257], an AGN is called a blazar when
the jet is closely aligned with the line of sight of the observer. Blazars are
characterized by high radio and optical polarization, apparent superluminal
motion along with high-amplitude variability in all accessible bands of the
electromagnetic spectrum. Usually, this variability is unpredictable and only
for a few objects periodic variability is observed [e.g., see 10, 219]. Blazars are
usually believed to be persistent sources, however recently a blazar showing
a transient behaviour was observed. Namely, 4FGL J1544.3-0649 was never
detected in the X-ray and γ-ray bands until May 2017 when it rose above the
detectability level and for a few months became one of the brightest X-ray
blazars [232]. Blazar emission is dominated by non-thermal emission from
the jet which is significantly Doppler amplified since the jet with superlumi-
nal motion is viewed at small angles. Because of this, blazars even at higher
redshift are observed [e.g., see 235].

The emission from blazars is observed in a wide frequency range, from ra-
dio to high energy (HE; > 100 MeV) and very high energy (VHE; > 100 GeV)
γ-ray bands [188] displaying a double hump structure in their broadband
spectral energy distribution (SED). The first component (low-energy) usu-
ally peaks between far infrared and X-rays while the second component (HE)
is observed between X-rays and VHE γ-rays. The low-energy component
is explained by the synchrotron emission of jet-accelerated electrons under
the magnetic field while the origin of the HE component is discussed within
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leptonic and hadronic models, depending on the type of emission initiating
particles, e−e+ pairs or hadrons. According to the widely discussed leptonic
scenario, the HE component is due to inverse Compton upscattering of pho-
tons by energetic electrons. Most common scenarios used in the literature
are synchrotron self-Compton (SSC) model and the external Compton (EIC)
model. According to the first scenario, the internal synchrotron photons are
up-scattered to higher energies [104, 38, 163] whereas the latter model as-
sumes the photons are produced external to the jet [36, 105, 240]. In alter-
native hadronic or lepto-hadronic scenarios, the protons co-accelerated with
the electrons make a non-negligible contribution to the HE component. This
contribution can be either directly from proton synchrotron radiation [179] or
from secondaries produced in the proton-photon interactions or photo-pair
productions [160, 161, 179, 180, 43, 199, 99]. Lately, the hadronic models [es-
pecially lepto-hadronic 99] have become more attractive after the detection
of VHE neutrinos spatially coinciding with the direction of known blazars
[132, 130, 189]. The initial association between TXS 0506+056 and IceCube-
170922A event provided first multimessenger picture of blazar and opened
a wider perspective for theoretical studies [19, 141, 181, 189, 225, 221, 59,
226, 96, 99]. The assumption that blazars are neutrino sources was further
strengthened by the observation of multiple neutrino events from the direc-
tion of PKS 0735+178 when the source was undergoing a major flaring activ-
ity in the optical/UV, X-ray and γ-ray bands [234].

Commonly, the blazars are grouped based on their optical spectral proper-
ties. Namely, Flat Spectrum Radio Quasars (FSRQs) which show strong opti-
cal lines and BL Lacertae type objects (BL Lacs) which have very faint optical
emission lines. Blazars are further classified based on the observed SEDs.
Namely, based on the frequency where the synchrotron component peaks
(νp), blazars are separated into low, intermediate and high-energy peaked
sources [192, 5]; low synchrotron peaked sources (LSPs or LBLs) when νp <

1014 Hz, intermediate synchrotron peaked sources (ISPs or IBLs) when 1014 Hz <
νp < 1015 Hz and high synchrotron peaked sources (HSPs or HBLs) when
νp > 1015 Hz. However, recently (author?) [118] showed that there are strong
similarities between the properties of IBLs and HBLs and they show large dif-
ferences from LBLs, so the classification can be refined into LBLs and intermediate-
high-energy-peaked objects (IHBLs) when νp is below or above 1013.5 Hz.

CTA 102 is a FSRQ with a redshift of z = 1.037 [238]. Harboring a black
hole with a mass of 8.5× 108 MBH [268], CTA 102 is one of the brightest FS-
RQs observed in the HE γ-ray band. It was initially observed by the Comp-
ton Gamma Ray Observatory mission having estimated a γ-ray flux of (2.4±
0.5)× 10−7 photon cm−2 s−1 [186]. Then, CTA 102 was scanned continuously
by the Fermi Large Area Telescope (Fermi-LAT) since mid-2008, initially show-
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ing that the source is relatively weak in the γ-ray band. However, from
2016 to 2017 it underwent an unprecedented outburst in all the wavebands
[55, 27, 65, 207, 70, 48, 71, 30, 176, 54]. For example, in the γ-ray band its flux
was as high as (3.55 ± 0.55) × 10−5 photon cm−2 s−1 [101] and in some ac-
tive γ-ray periods its spectrum also deviated from simple power-law model
[228]. During the γ-ray flares, the source was so bright that variability was
investigated down to minute scales [239]. In December 2016, the source was
also in an extreme optical and near-IR out-bursting state when the brightness
increased up to six magnitudes with respect to the faint state of the source
[210]. Various theoretical models were used to explain the flaring behaviour
of CTA 102 which includes an inhomogeneous curved jet with different jet re-
gions changing their orientation and consequently the Doppler factors [210],
or a superluminal component crossing a recollimation shock [56], or lepto-
hadronic processes when the gas cloud penetrates the jet [266, 267] or the
activities were interpreted as change of the location of the emission region
[e.g., 101, 209, 228], etc.

Due to the long-lasting and peculiar multiwavelength flaring activity, CTA
102 was frequently observed in different bands and became one of the most-
studied blazars [151, 140, 79, 174, 66, 9, 223, 144, 103]. Although many studies
have been conducted which lead to a better understanding of the CTA 102 jet,
it is up to now not clear the origin of the multiwavelength flares of CTA 102,
especially the changes in the jet that have led to prolonged flaring activities.

The monitoring of CTA 102 during its unprecedented outburst with vari-
ous instruments resulted in accumulation of an extensive data set. In addi-
tion, before and after the outburst the source was also monitored in the γ-ray
band with Fermi-LAT and observed in the optical/UV and X-ray bands by
Neil Gehrels Swift Observatory [102], (hereafter Swift). This can be combined
with other available data to build the broadband SEDs of CTA 102 in vari-
ous (flaring or quiescent) periods with (quasi) contemporaneous data. These
SEDs with various spectral properties represent an ample variety of source
emission in different states and their modeling is crucial for understanding
of the physical processes and their changes in time. In the broadband SEDs of
blazars the changes are expected to be due to the variation of the parameters
of the emitting electrons or the physical parameters of the emission region.
Therefore, the modeling of the SEDs in different periods allows to connect
the observational properties with the physical processes at work in jets. For
example in (author?) [229] and (author?) [233] the modeling of a large num-
ber of contemporaneous SEDs of 3C 454.3 and BL Lac allowed to estimate the
main parameters describing the emitting electrons and the emission region
and investigate their evolution in time which was crucial for understanding
of the observed spectral changes in them.

Motivated by the availability of multiwavelength data from CTA 102 obser-
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vations before, during and after the large outburst, for furthering our knowl-
edge of the emission processes dominating in the jet of CTA 102 we per-
formed an intense broadband study of CTA 102 using the data accumulated
during 2008-2022. We have systematically investigated the spectral and vari-
ability properties of the source emission in the optical/UV, X-ray and γ-ray
bands. We performed a deep investigation of the origin of the source emis-
sion in various periods by generating as many SEDs of CTA 102 as possi-
ble that can be constructed with contemporaneous data and modeling them
within the leptonic scenario. The paper is structured as follows. The broad-
band data analyses are described in Section 5.2. The multiwavelength vari-
ability is explored in Section 5.3. The modeling of broadband SED is de-
scribed in Section 5.4. We present the discussion and results in Section 5.5
and the conclusions in Section 6.6.

5.2 Multiwavelength observations of CTA 102

Exhibiting interesting multiwavelength properties, CTA 102 was frequently
observed in different bands. Below we report the data analyzed in this paper
or extracted from public archives which was used in the current study.

5.2.1 Fermi-LAT observations of CTA 102

Operating since 2008, Fermi-LAT provides an exceptional view of the γ-ray
sky, imaging the entire sky every three hours [25]. In the current paper the
Fermi-LAT data accumulated between 04 August 2008 and 04 March 2022
in the 100 MeV300 GeV range were downloaded and analyzed using the
Fermi ScienceTools version 2.0.8 and P8R3 SOURCE V3 instrument response
function. Events were extracted from a region of interest (ROI) with a 12◦

radius centered on the source position (RA: 338.15, DEC: 11.73). As recom-
mended by the Fermi-LAT team, the cut evclass = 128 and evtype=3 was ap-
plied to select events with higher probability of being photons. Whereas, the
filter (DATA QUAL > 0)&&(LAT CONFIG == 1) was applied to update
the good time interval based on spacecraft specifications. A maximum zenith
angle cut of > 90◦ is applied to reduce the contamination from Earth limb γ-
rays. The model file was generated based on Fermi-LAT fourth source cata-
log Data Release 3 [4FGL-DR3; 15, 7] which includes point sources within the
ROI and standard Galactic (gll iem v07) and the isotropic (iso P8R3 SOURCE
V3 v1) diffuse emission components. The spectral parameters of the back-
ground sources falling between 12◦ and 12◦+5◦ were fixed to the values pub-
lished in the 4FGL-DR3 catalog, while the parameters of the other sources
(within 12◦) and background models were left free. The best match between
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the source parameters and the data was obtained by applying standard binned
likelihood analysis with gtlike tool.

After analyzing the data accumulated in the whole time interval, light
curves were computed with different time bins to investigate the variability
in the γ-ray band. Initially, the entire period was divided into three-day inter-
vals (1653 in total) and for each single period the flux, photon index (CTA 102
spectrum was modeled with power-law distribution) and the Test Statistics
[TS, defined as twice the difference between the log-likelihoods of the model
computed with and without including the source; 172] were estimated.

Next, for a deeper investigation of the γ-ray flux variability, the light curve
was generated with the help of the adaptive binning method [155]. As dis-
tinct from the fixed time interval light curve where the longer bins will smooth
out the fast variation and in short time intervals the flux can be estimated only
in the bright state of the source, in the adaptively binned light curve the bin
width is defined by requiring a constant relative flux uncertainty above an
optimal energy, so the time bins are longer during low flux levels and nar-
rower when the source is in flaring state. This allows to track the evolution
of the γ-ray flux in time, extract maximum possible information and identify
flaring periods [e.g., see 101, 230, 231, 269, 26, 46, 215].

The spectral changes in the γ-ray band were further investigated by pro-
ducing the source spectrum in different periods. For this purpose, the adap-
tively binned light curve is divided into piece-wise constant blocks [Bayesian
blocks 237] representing optimal segmentation of the data into time intervals
during which the flux is constant. By this approach, the considered period
is divided into 347 intervals with the same flux level, whether flaring or qui-
escent. The spectrum of CTA 102 in each of the selected period is computed
by applying unbinned likelihood analysis and running gtlike separately for 5
(when the source is in average or quiescent state) or 7 energy bins (when the
source is in flaring state) of equal width in log scale.

5.2.2 Swift observations of CTA 102

In the optical/UV and X-ray bands there are available a total of 146 obser-
vations of CTA 102 with Swift XRT/UVOT instruments. All the XRT ob-
servations were individually downloaded and analyzed using Swift xrtproc
pipeline [119]. This tool developed within the Open Universe Initiative down-
loads the raw data and calibration files from one of the official Swift archives,
processes it using the XRTPIPELINE task for each snapshot and for the en-
tire Swift observation, applies pile-up correction when the source count rate
is above 0.5 counts s−1 and generates source (from a circle with a radius of
20 pixels centered at the position of the source) and background (an annu-
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Figure 5.1 The multiwavelength light curve of CTA 102 between 2007 and
2022. a) Adaptively binned γ-ray light curve (> 166.3 MeV) with the
Bayesian blocks, b) 3-day binned γ-ray light curve, c) 2.0-10 keV X-ray flux,
d) 0.3-10.0 keV X-ray photon index, e) flux in V, B, and U filters, f) flux in W1,
M2 and W2 filters and g) V-band and R-band fluxes. The periods for which
the SEDs have been modeled are highlighted in gray.
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lar ring centered at the source) spectral files. It performs a spectral fitting
with XSPEC (version 12.12.0) on the ungrouped data using Cash statistics
[57], modeling CTA 102 spectrum as a power-law and a log-parabola. As a
result, the tool generates SED data and estimates the flux and photon index
in various bands. More details on Swift xrtproc are given in (author?) [119].

The Swift-UVOT data in three optical filters (V, B, and U) and three UV fil-
ters (W1, M2, and W2) were downloaded and reduced using HEAsoft version
6.29 with the latest release of HEASARC CALDB. The source counts were ex-
tracted from a region of 5 arcsec radius centered at the source and the back-
ground counts from a region of 20 arcsec centered away from the source.
uvotsource tool was used to obtain the magnitude which was corrected for
reddening and galactic extinction using the reddening coefficient E(B − V)
from the Infrared Science Archive 1.

5.2.3 NuSTAR observations of CTA 102

NuSTAR with two focal plane modules [125], FPMA and FPMB, observed
CTA 102 in the hard X-ray (3-79 keV) band on December 30, 2016 for a total
exposure of 26.2 ksec. The NuStar data was processed with NuSTAR Spectra
script which is a shell script based on the NuSTAR Data Analysis Software
(NuSTARDAS) that automatically downloads calibrated and filtered event
files from the SSDC repository, generates scientific products and carries out
a complete spectral analysis. It uses nuproducts to generate the spectra from
source counts extracted from a circular region whose radius is set to a value
that is optimised depending on the source count rate (30′′ in this case), while
the background counts are from an annulus centered on the source. With
the XSPEC, the spectral analysis is performed adopting Cash statistics for
the energy range from 3 keV up to the maximum energy where the signal
is still present, typically between 20 and 79 keV. NuSTAR Spectra script is
presented and described in (author?) [175].

5.2.4 Archival optical data

In order to monitor the flux changes in the optical band, the light curves
from several public archives were used. Namely, the optical data (V- and
R- band) from Steward Observatory [246], V-band data from the All-Sky Au-
tomated Survey for Supernovae (ASAS-SN) 2 [146] and the V-band data from
the Catalina Sky Survey [CSS; 91] were downloaded from the public archives.

1http://irsa.ipac.caltech.edu/applications/DUST/
2https://asas-sn.osu.edu/
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5.3 Multiwavelength variability

The multiwavelength light curve of CTA 102 is shown in Fig. 5.1. The adap-
tively binned light curve above 166.3 MeV in Fig. 5.1 panel a) shows the con-
tinuous observation of the source in the γ-ray band and reveals the complex
flux changes. During the considered periods several outbursts are observed.
Until April 2011 the source flux was constant, not exceeding 10−7 photon cm−2 s−1.
The first flare (when Fγ > 15 × Fγ,min) occurred in April-June 2011 (MJD
55680-55730), when the flux increased up to (2.55± 0.62)× 10−6 photon cm−2 s−1.
Other enhancements were observed between September-October 2012 (MJD
56180-56230) and between March-April 2013 (MJD 56380-56400). Yet, a major
flaring activity, when the source flux increased above 10−5 photon cm−2 s−1,
was observed between December 2015- March 2016 (MJD 57370-57470). Then,
the source entered a prolonged out-bursting state between November 2016 -
June 2017 (MJD 57710-57910) when the highest flux of (2.64± 0.60)× 10−5 photon cm−2 s−1

above 166.3 MeV was observed on MJD 57738.5. Another brightening of the
source (although with lower amplitude) was observed between November
2017-March 2018 (MJD 58080-58180). During the considered period, the γ-
ray flux of CTA 102 was above 10−5 photon cm−2 s−1 for 121.1 hours in total.
The ratio between the highest and lowest fluxes is' 1137 which again shows
the high-amplitude variation of the γ-ray flux. The overall trends revealed in
the γ-ray light curve generated by the adaptive binning method are also vis-
ible in the 3-day light curve (panel b) Fig. 5.1) but, as expected, the intra-day
flux variability is smoothed out.

Together with the γ-ray flux, the photon index varies as well. The hardest
photon index is Γγ = 1.52± 0.12 observed on MJD 57752.5 when the source
was in bright γ-ray state with a flux of (1.02± 0.20)× 10−5 photon cm−2 s−1.
The distribution of photon index estimated in all adaptively binned intervals
is shown in Fig. 5.2 (light magenta). The mean of the photon index distri-
bution 2.31 is the same as the time-averaged photon index of the source in
4FGL DR3 (∼ 2.3). However, there are 353 periods when the photon index
was significantly hard (< 1.9) which means that the peak of the HE compo-
nent moved to HEs. In Fig. 5.2, the blue area corresponds to photon index
distribution only when the γ-ray flux was 10−5 photon cm−2 s−1 which shows
that in some of the bright states the photon index of the source was also hard.

The X-ray flux (2− 10 keV) variation in time is shown in Fig. 5.1 panel c).
There is significant variability of the X-ray flux in different XRT observations.
During the prolonged flaring in the γ-ray band, the source was also in an ac-
tive X-ray emission state, when the X-ray flux reached FX−ray[2− 10 keV] =

(5.77± 0.63)× 10−11 erg cm−2 s−1. The NuSTAR observation shows that the
source flux in the 3-10 keV band is (4.46± 0.02)× 10−11 erg cm−2 s−1 in agree-
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Figure 5.2 The distribution of the γ-ray photon index estimated in the adap-
tively binned intervals. The light red area shows the total distribution, while
the blue is only when the γ-ray flux was above 10−5 photon cm−2 s−1.

ment with the X-ray flux observed by Swift XRT on the same day (FX−ray[2− 10 keV] =

(5.30± 0.47)× 10−11 erg cm−2 s−1). As the X-ray band corresponds to the ris-
ing part of the HE component, the flux in the 10-30 keV band increases being
(9.04± 0.05)× 10−11 erg cm−2 s−1. Also, the Swift XRT and NuSTAR obser-
vations reveal similar photon indexes in the 0.3-10 keV and 3-30 keV bands,
1.25± 0.08 and 1.30± 0.01, respectively.

In Fig. 5.1 panels e), f) and g), the flux variation in the optical/UV band is
shown. In the optical band, the source’s emission follows the same trend as in
the γ-ray and X-ray bands. Namely, Swift UVOT, ASAS-SN, Steward (V and
R band) and CSS observations show that the flux was relatively constant up
to MJD 56000 and then increased several times around MJD 56200. How-
ever, long-lasting flaring activity was observed between MJD 57400-58000
when the flux in the optical band, as observed with all the considered in-
struments, was above 10−11 erg cm−2 s−1. The highest flux of (6.38± 0.19)×
10−10 erg cm−2 s−1 was observed in the V-band on MJD 57751.84 by Swift
UVOT. The Swift UVOT observations show that between MJD 57718-57768
(November 2016-January 2017), the source was in an extreme bright state in
the optical/UV band when the flux was above 10−10 erg cm−2 s−1. This is in
agreement with the results obtained from CTA 102 monitoring by the Whole
Earth Blazar Telescope (WEBT) [210]. The ASAS-SN monitoring of the source
shows that another flaring activity was observed on MJD 58741 and then the
source’s emission in the optical band was on its regular level.

5.4 Broadband SED modeling

One of the ways for investigation of the underlying physical processes in the
jet is through broadband SED modeling. The SEDs constrained with con-
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temporaneous or quasi-contemporaneous data contain valuable information
on the emitting particle spectrum and on the condition of the plasma inside
the jet. The evolution of the CTA 102 SEDs in time (SED/light curve anima-
tion) is shown here youtube.com/jFNkI_psAjo. These SEDs were generated
by plotting the γ-ray spectra for each of the Bayesian blocks shown in Fig. 5.1
together with the data available in all other energy bands. In a visually effec-
tive way, the temporal changes in the CTA 102 spectra can be seen by going
from one to another interval. This animation shows the high-amplitude and
spectral changes in different periods, demonstrating dramatic changes of the
CTA 102 during the prolonged out-bursting period.

In FSRQs, such as CTA 102, a one-zone synchrotron/synchrotron-self Comp-
ton (SSC) with an external radiation component is expected to produce the
broadband emission. The origin of the external photons depends on the loca-
tion of the emitting region [243] and photons directly emitted from the disc
[86, 84], emitted from the BLR [240] or emitted from the dusty torus [36] can
inverse Compton up-scatter and explain the second component in the broad-
band SED. In the current study we assume that the emitting region is at 1017

cm distance from the black hole within the BLR and the external photons are
the photons emitted from the BLR. The SED modeling when different loca-
tions of the emitting region are considered is presented in (author?) [101] and
(author?) [228].

Here, we consider a one-zone leptonic model of jet emission, assuming the
accelerated electrons (protons) are injected in the spherical region of radius
R. This magnetized region with a field strength of B moves along the jet
with a bulk Lorentz factor of Γjet at an angle of θ relative to the observers
line of sight. As the jet is almost aligned to the observer (small θ), the emis-
sion is Doppler boosting by a beaming factor of Γjet = δ. It is assumed that
the spectrum of the injected electrons is described by a power-law with an
exponential cutoff energy distribution defined as

N(γe) = N0 γ
−p
e Exp(−γe/γcut), γe > γmin (5.4.1)

where γcut and γmin are the cut-off and minimum energy of the electrons,
respectively, and p is the power-law index of the electron energy distribution.
The normalization constant N0 defines the energy density of the electrons:
Ue = mec

∫
γeN(γe)dγe.

In this scenario, the first peak in the SED is described by synchrotron ra-
diation as a consequence of the interaction of relativistic electrons inside the
emitting region with the magnetic field. Instead, the second peak (from X-ray
to HE γ-rays) is formed by the contribution of inverse Compton scattering of
synchrotron (SSC) and BLR emitted (EIC) photons. The BLR radius and lumi-
nosity of CTA 102 are RBLR = 6.73× 1017 cm and LBLR = 4.14× 1045 erg s−1
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Figure 5.3 The multiwavelength SED of CTA 102 during MJD 56196.7-56202.3
constructed with the data from Swift UVOT, XRT and Fermi-LAT. The disc,
SSC, EIC-BLR and the sum of all components are in dashed pink, dot-dashed
orange, dot-dot-dashed purple and solid blue lines, respectively.

[204], respectively, and the BLR is modeled as a spherical shell with a lower
boundary of Rin,BLR = 0.9× RBLR = 6.06× 1017 cm and an outer boundary
of Rout,BLR = 1.2× RBLR = 8.08× 1017 cm. Assuming that the 10% of the disc
luminosity is reprocessed into BLR radiation, the disc luminosity would be
Ldisc = 4.14× 1046 erg s−1.

To model the broadband SED, a publicly available code, JetSet was used
[168, 254, 255, 256]. JetSet fits the numerical models to observed data and
is able to find the optimal values of parameters best describing the data.
The multiwavelength SED of CTA 102 constrained with contemporaneous
data observed during MJD 56196.7-56202.3 and modeled with JetSet is shown
in Fig. 5.3. The dashed violet line shows the disc thermal emission ap-
proximated as a black body. The power-law index of the emitting electrons
is p = 1.61 while the minimum and cut-off energies are γmin = 51.3 and
γcut = 685.6, respectively. The synchrotron emission of these electrons in the
magnetic field of B = 4.43 G extends up to 1016 Hz explaining the observed
data in the optical/UV bands. Then, the SSC component takes into account
the X-ray data (dot-dashed orange curve in Fig. 5.3) dominating only up
to 1022 Hz, failing to explain the γ-ray data. Instead, the inverse Compton
upscattering of the BLR photons that have higher mean energy and number
density in the jet frame can explain the γ-ray data (dot-dot-dashed purple
curve in Fig. 5.3). The modeling allows to estimate the jet parameters such
as size of the emission region, R = 2.03 × 1015 cm and the Doppler factor
δ = 29.8. The size of the emission region corresponds to the flux variability
of the order of 1.3 hours, consistent with the rapid multi-band variability of
CTA 102.

The modeling of the single snapshot SED shown in Fig. 5.3 permits to iden-
tify the parameters of the emitting region and the jet for a given period. How-
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ever, in order to deeply investigate the multiwavelength emission processes
in CTA 102 something beyond the single-epoch SED modeling is required.
In (author?) [229] and (author?) [233] the multiwavelength emission from 3C
454.3 and BL Lac was investigated by modeling as many contemporaneous
SEDs as possible constrained during the considered periods. As compared
with the single snapshot SED modeling, the advantage of such an approach
is that it allows to follow the changes also in the parameters over time, thus
get a clue on the evolution of the processes that have lead to the emission in
different states (e.g., flares). In addition, such modeling has diagnostic ap-
plications, i.e., by fitting many SEDs it is possible to identify periods when
the source was characterized with peculiar emission properties that are not
possible to explain within the considered model.

In order to model the SEDs of CTA 102 in different periods, from the SEDs
generated for each Bayesian block there were selected all the periods with suf-
ficient multiwavelength data, i.e., when the optical/UV data at least in two
filters is available together with the γ-ray and X-ray data. In Fig. 5.1 the se-
lected periods are shown in gray. As a result high-quality SEDs in 117 periods
were assembled which represent various emitting sates of CTA 102 including
periods when it was in a prolonged flaring state in the γ-rays. Therefore,
this allows to understand the physical processes dominating in the jet of the
source in its quiescent and flaring states. All the selected SEDs are modeled
within the same one-zone scenario described above.

5.5 Results and Discussion

In this section, the implications of the data analysis are discussed, and the
results from the broadband spectral fitting are presented. In the optical/UV,
X-ray and γ-ray bands, CTA 102 exhibits complex flux changes showing mul-
tiple flaring periods. The highest amplitude changes are observed in the
HE γ-ray band where the γ-ray luminosity of the source varies from 8.50×
1046 erg s−1 to 7.55 × 1050 erg s−1 (assuming a distance of 7.1 Gpc) which
makes CTA 102 one of the brightest sources in the extragalactic γ-ray sky.

The visual inspection of the multiwavelength light curves in Fig. 5.1 shows
that fluxes in different bands change almost simultaneously. Possible correla-
tion or anticorrelation between the fluxes in different bands shows whether or
not the emission is produced by the same population of the particles and re-
lated mechanisms. In the case of one-zone leptonic scenario considered here,
when the optical/UV photons are from synchrotron emission of the electrons
while the emission in the X-ray and γ-ray bands is from the inverse Compton
scattering of internal and external photon fields by the electrons in the same
emitting region, one expects correlation between the photons at different fre-
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Figure 5.4 The Multiwavelength SED modeling in different periods. Panel
a: Synchrotron, SSC and EIC components, blue, dot-dashed orange and dot-
dot-dashed purple lines, respectively, when the source was in an active state
in all the considered bands. Panel b: The same components in all other peri-
ods.

quencies as can be seen from Fig. 5.1 [e.g., 152, 159, 214].

5.5.1 Long-term broadband SED modeling

The one-zone leptonic model adopted here can adequately reproduce the ob-
served data in almost all the considered periods. The datasets considered
here, namely optical/UV, X-ray and γ-ray data, contain relevant information
on the source emission in each band, but together they put a constraint on
the shape of the emitting particle distribution. Except for the cases when the
source is in a very low emission state and the optical/UV emission is (partly)
dominated by the thermal emission from the disc, the decaying shape of the
optical/UV data directly constrains the HE tail of the synchrotron component
which controls the cut-off energy of the emitting electrons (γcut). Instead, the
X-ray spectrum exhibiting rising shape allows to constrain p. Additional con-
straints on the γcut and p are provided from γ-ray observations: depending
on the shape of the γ-ray spectrum, rising, steepening or flat, it defines either
the distribution of the particles or their cut-off energy.

The time evolution of the selected SEDs modeling is available here youtube.
com/0H1IyNN9PSM. In Fig. 5.4 the SED modeling results are shown for each
case separating synchrotron (light blue), SSC (dot-dashed orange) and EIC
(dot-dot-dashed purple) components. The models are shown by separating
the periods when CTA 102 was in the active states in all the bands (panel a)
and in all the other periods (panel b). The low-energy component peaks, as
typical for FSRQs, is around ∼ 1014 Hz and is mostly defined by the syn-
chrotron emission of the jet electrons. Although the flux of the synchrotron
component varies largely, i.e., in the low state the peak flux can be as low as
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∼ 10−12 erg cm−2 s−1 but it can increase up to∼ 10−10 erg cm−2 s−1 during the
flares, the synchrotron peak frequency remains relatively unchanged. How-
ever, in several occasions (e.g., between MJD 55228-56190 and MJD 58297-
58353) the disc thermal emission with a flux of ∼ 6.86× 10−11 erg cm−2 s−1

exceeds the synchrotron emission from the jet (violet dashed line in Fig. 5.4
panel b). As one can see from Fig. 5.1, in the mentioned periods the source
was in a quiescent state in all the considered bands, so it is natural that bright
accretion disc of CTA 102 overshines the synchrotron component. The rel-
atively constant peak frequency of the synchrotron component limits also
the highest energy of the synchrotron photons, and their inverse-Compton
scattering steepens in the hard X-ray/soft γ-ray bands, unable to explain the
observed γ-ray data (SSC; dot-dashed orange lines in Fig. 5.4). Instead, the
Compton dominance (the ratio of the high-to-low components luminosity)
and the γ-ray spectra are naturally explained by inverse Compton scattering
of BLR photons (EIC; dot-dot-dashed purple lines in Fig. 5.4).

The models shown in panels a) and b) of Fig. 5.4 demonstrate different be-
haviour of the CTA 102 emission in active and other states. The brightening
of the source substantially modifies different components affecting their flux
and spectrum. For example, when modeling the SED in the bright X-ray state
characterized by a hard X-ray photon index, the intensity of the SSC compo-
nent increases and its spectrum hardens extending the peak of this compo-
nent to higher energies (panel a) Fig. 5.4). However, for a harder photon
index (hence a lower p), γcut should be lower not to violate the optical/UV
data. So, even in those bright and hard X-ray states the SSC component has
a decreasing shape in the GeV band, and again the Fermi-LAT observed data
are interpreted as inverse-Compton up-scattering of BLR emitted photons.
Similarly, the spectral variability in the MeV/GeV band affects the EIC com-
ponent. As an example, the SED of CTA 102 during MJD 57872.9-57875.6 is
shown in Fig. 5.5. During this period, the MeV/GeV spectrum is character-
ized by a nearly flat spectrum extending up to 58 GeV. The modeling shows
that the distribution of the emitting electrons is described by p = 1.87 power-
law index and the cut-off energy of γcut = 306.4. So, the inverse Compton
scattering of BLR photons can reach only 2 GeV unable to explain the ob-
served data in tens of GeV. The limit imposed by the emitting electron dis-
tribution prohibits the interpretation of GeV data within one-zone scenarios;
the observed data can be account for only when the photons with higher
mean energy are inverse Compton up-scattered on the same electrons. In the
emitting region, except for BLR, the electron can interact with disc photon
or the photons emitted from the dusty torus. The inverse Compton scatter-
ing of the disc photons will produce a peak comparable to that shown in
Fig. 5.5 whereas in the case of the dusty torus photons with a lower mean
energy will produce a peak at lower frequencies. The emission in the > 2
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Figure 5.5 The multiwavelength SED of CTA 102 during MJD 57872.9-57875.6
when the γ-ray spectrum was flat, extending up to 58 GeV. The same color
code as in Fig. 5.3 is adopted. The light red dot-dot-dashed line shows EIC
torus component when the second emitting region is outside BLR.

GeV band is most likely produced from the second emission region contain-
ing more energetic electrons. As an example, in Fig. 5.5 the GeV data are
modeled as emission from the second region which is assumed to be be out-
side the BLR. As the data are not sufficient to constrain the parameters, it is
assumed that this region i) has the same Doppler boosting factor (δ = 29.4)
as the one inside the BLR (constrained from the fit), ii) is characterized by a
significantly lower magnetic field (0.2 G as compared to 12.3 G estimated for
the other region) not to overproduce the X-ray data which are from the re-
gion within the BLR and iii) contains more energetic electrons with p = 1.80
and γcut = 1.10× 104. As the emitting region is outside the BLR, the dom-
inant photon field is IR photons from the dusty torus; the inverse Compton
up-scattering of these photons is shown with a light red dashed line in Fig.
5.5 which extends up to GeV bands and accounts for the observed data. In
principle, the second emission region can be a local structure in the jet where
the particles are re-accelerated (e.g., a local reconnection outflow in the jet in
a jet scenario [110, 111]) or there occurs an injection of fresh electrons. The
modeling presented above is to show that the observed data in some cases
(e.g., when the γ-ray spectrum is flat and extends to tens of GeV, two among
the selected SEDs) cannot be reproduced in one-zone scenarios, so that more
complex (e.g., two-zone) scenarios are required.

5.5.2 Energy distribution of the emitting electrons

The modeling of 117 high-quality SEDs of CTA 102 with diverse features al-
lows to investigate the properties of the jet and emitting particles over time.
In Fig. 5.6 the distribution of p, γmin, γcut, B, Le and LB obtained from the
modeling are shown. The wide distribution of the considered parameters
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Figure 5.6 The distribution of the parameters obtained from the fitting of all
data-sets composed with simultaneous data. a) The distribution of the emit-
ting electron power-law index, b) the distribution of γmin (green) and γmin
(orange), c) magnetic field distribution, d) Doppler factor distribution and e)
the distribution of Le (dark blue) and LB (light blue).
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once more shows the complex changes having taken place in the jet of CTA
102. The power-law index of the emitting electron distribution varies be-
tween p = 1.17− 3.25 with a mean of pmean = 2.08 (Fig. 5.6 panel a). This
power-law index constrained by the X-ray and γ-ray data varies following
the spectral changes in the X-ray and γ-ray bands; when a steep falling spec-
trum is observed in the γ-ray band, the emitting electron should also have
a steep spectrum, while p < 2.0 are expected in bright active states that are
characterized by a hard photon index. The distribution of γmin and γcut is
shown in Fig. 5.6 panel b). Both parameters have a narrow distribution peak-
ing around γmin,mean = 104.6 and γcut,mean = 905.1, respectively. The narrow
distribution of γcut (between (1.60− 48.16)× 102) is probably due to stabil-
ity of νpeak but in general it depends also on p. The magnetic field estimated
in different periods (Fig. 5.6 panel c), varies from B = 1.66 G to B = 13.69
G with a mean of Bmean = 5.96 G. For example, the highest magnetic field
of B = 13.69 G was estimated from fitting the SED observed between MJD
57754-57756 when the source was in an elevated optical/UV emission state.
So, the increase of the synchrotron component leads to an increase in B: large
magnitude change of the synchrotron component can be seen from Fig. 5.4.

The distribution of δ in different periods is shown in Fig. 5.6 panel d). The
high values of δ are mostly estimated during the flares in the γ-ray band, for
example, the highest value of δ = 47.2 was observed on MJD 57743.2 when
the source was in a γ-ray active state. It should be noted that sometimes high
values of δ have already been estimated for Fermi-LAT detected blazars [e.g.,
see 273] and are usually used to model the bright blazar flares observed in HE
or VHE γ-ray bands [e.g., see 124, 150]. When δ increases, a lower electron
density is required to produce the same level of synchrotron radiation, so the
synchrotron photon density and the SSC component decrease but the external
photon energy density in the jet frame becomes larger leading to the increase
of the EIC component. For this reason, the enhancement in the γ-ray band
results in higher δ.

The parameters distribution presented in Fig. 5.6 does not differ from that
usually estimated for CTA 102 in different periods. For example, in (author?)
[101] by considering different locations of the emission region it is found that
SSC and EIC of BLR photons can explain the broadband SED in the low state
when p = 2.51 ± 0.11, γcut = 1311.1 ± 195, B = 5.40 ± 0.13 and δ = 10.
Whereas in the active state, the data can be explained when these parameters
are: p = 1.81± 0.09, γcut = 724.1± 78, B = 8.24± 0.18 and δ = 30 [228]. Or in
(author?) [209] by assuming a log-parabolic electrons injection spectrum, it is
shown that in a pre-flare state the SED of CTA 102 can be modeled when the
injection index of the electrons is 1.9 and the curvature is 0.08 but in the flar-
ing states the index becomes 1.7 with a curvature of 0.02. The magnetic field is
estimated to be around 4 G. Moreover, it should be noted that there are other
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Figure 5.7 Upper panel: Electron energy distributions obtained from model-
ing of SEDs. Lower panel: The evolution of the energy spectrum of the elec-
trons injected in the emitting region. Red and green lines show the electron
spectrum in different steps and the final spectrum is shown in purple.

models which explain the flaring activity of CTA 102, e.g., those considering
the ablation of a gas cloud penetrating the relativistic jet and computing the
expected multiwavelength emission from the leptonic and hadronic interac-
tions, see (author?) [266] and (author?) [267]. Also, the parameters estimated
within these models are not significantly different from those presented in
Fig. 5.6.

5.5.3 Formation of electron spectrum

The electron spectrum given in Eq. 5.4.1 is an ad-hoc assumption of the dis-
tribution of particle injected in the emitting region. This approach, however,
ignores the formation of the particle spectrum which is governed by differ-
ent cooling processes and gains through particle energization mechanisms.
From the theoretical point of view, the mechanisms usually considered for
the particle acceleration are shock acceleration [e.g., 247, 249, 28] or magnetic
reconnection [e.g., 272, 245, 122]. However, all the considered mechanisms to
some degree face difficulties to explain all the constraints imposed from the
multiwavelength SED modelings. Here we do not attempt to discuss the ex-
act mechanisms that have led to the particle acceleration and injection in the
emitting region but instead we investigate whether or not the distribution of
the electron spectrum necessary to model the broadband SEDs of CTA 102 can
be formed under the physical conditions considered above. A more straight-
forward approach to gain much information on the particle acceleration and
cooling mechanisms would be self-consistent consideration of particle spec-
trum from acceleration to cooling and comparing its radiative signature with
the multiwavelength data. This will be studied in a future paper.

Fig. 5.7 upper panel shows the distributions of the electrons estimated from
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the modeling of selected SEDs. This clearly demonstrates different properties
of the emitting particles and their evolution in time. In particular, the spec-
trum of the electrons sometimes is hard (p < 2.0) and extends above γe > 103

however steep and narrow distributions were also obtained. The power-law
index of the electron distribution directly points to the acceleration mecha-
nisms which is unknown while γcut is due to the interplay of acceleration and
cooling processes. In order to calculate the temporal evolution of the electron
spectrum, an integro-differential equation that takes into account the injec-
tion, cooling (considering all the radiative fields) and escape of the particles
should be solved [139]. This is done using JetTimeEvol class of the JetSet.
This class numerically solves the kinetic equation and allows to evolve the
particle distribution under any cooling process.

In the electron distribution the limiting factors constraining γcut are the ef-
ficiencies of the acceleration process (namely the acceleration/injection time
tinj) and the physical size of the accelerator. In other words, the electrons
will not be accelerated beyond the energies when the radiative cooling time
(3/4 c σT

Utot
me c2 γ2, where Utot is the sum of magnetic and photon fields) is

shorter than the acceleration time. In the one-zone scenario considered here
when the emission region is within the BLR, the electrons are cooled through
interaction with the magnetic and photon fields, so Utot is synchrotron plus
photon energy density, i.e. Utot = UB + USSC + UEIC. In order to discuss the
evolution of the particle distribution in time, we assume that power-law dis-
tributed electrons with p = 1.25 are injected into the emitting region where
the magnetic field is 4.1 G and δ = 24.2. These are chosen to be similar
to the parameters estimated from the SED modeling observed during MJD
57715.6-57716.8 (see the SED modeling animation) when the source was in
an active emission state. In this case, the synchrotron cooling time for the
electrons with energy of γe = 104 is tsyn,cool = 4× 103 s. The evolution of the
energy spectrum of electrons with a luminosity of Le = 1.74 × 1045 erg s−1

injected into the emitting region with a radius of 2.38× 1015 cm and without
escape is shown in Fig. 5.7 lower panel. The red dashed line corresponds to
the initial injection spectrum of the electrons. As the cooling time is inverse
proportional to the energy of the electrons, initially only the highest energy
electrons are cooled down, forming a turnover (cut-off) in the spectrum. In
time, this cut-off energy gradually moves to lower energies and when the in-
jection time is ' 2.6× 103 s the cut-off energy will be around 1.5× 103 close
to the value estimated from SED modeling. In time, however, this cut-off
energy will move to lower ranges.

When the injected electrons start to cool, their radiative signature changes
in time. The SEDs corresponding to electron spectra given in Fig. 5.7 lower
panel are shown in Fig. 5.8. The SED of initially injected electrons (the sum
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Figure 5.8 The SED evolution in time after the injection of the power-law
electrons. The green dashed line shows the initial SED, the green solid lines
show the SED in different steps while the final SED is in solid blue. The
dashed blue line shows the SED for longer evolution of the system.

of synchrotron, SSC and EIC components) is shown with green dashed line.
This spectrum modifies in time when the injected electrons start to cool; the
green solid lines show the evolution of the sum of all component in time
which shows that the synchrotron and inverse Compton peaks move to lower
frequencies. By cooling, the highest energy electrons are transferred to lower
energies, so the number of low-energy (i.e., not cooled) electrons changes and
their synchrotron emission increases at lower frequencies (e.g., around 1012

Hz). Similarly, the SSC component increases in the X-ray band, while EIC
dominates in the HE γ-ray band. The blue line in Fig. 5.8 is the final SED
produced from the electron population with a spectrum shown by a purple
line in Fig. 5.7 lower panel. It matches with that obtained from the modeling
of SED observed on MJD 57715.6-57716.8 when using electron distribution
given by Eq. 5.4.1. For later periods, the resulting spectrum decreases in in-
tensity and moves to lower frequencies which is shown as a blue dashed line
in Fig. 5.8. The resulting spectrum is more characteristic to source emission
when it is in quiescent state. Therefore, the electron spectra obtained from
the fitting of SEDs can be naturally formed in time.

5.5.4 Jet power

The modeling allows also to estimate the jet power carried by electrons (Le)
and magnetic field (LB). The distribution of the luminosities computed as
Le = πcR2

bΓ2Ue and LB = πcR2
bΓ2UB is shown in Fig. 5.6 panel e). The mean

of Le and LB is at 7.81× 1044 erg s−1 and 2.07× 1045 erg s−1, respectively. The
distribution of LB in the range 2.51× 1043− 3.48× 1046 erg s−1 is broader than
that of Le between 1.20× 1044− 4.21× 1045 erg s−1. The large variations of LB
are mostly due to the high-amplitude changes of the synchrotron component
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in the SED of CTA 102. Instead, the high-amplitude increase of the γ-ray flux
interpreted as EIC of BLR photons which would affect the electron content in
the jet is compensated by increasing δ. The distribution of Le and LB in Fig.
5.6 panel e) shows that in some periods Le/LB < 1, i.e., the jet is magneti-
cally dominated. Such a trend is observed when the synchrotron component
(defined by optical/UV data) exceeds the SSC component (defined by X-ray
data).

The estimated parameters allow also to asses the total kinetic energy of the
jet, namely, assuming a proton-to-electron comoving number density ratio
of Np/Ne ' 0.1, the total kinetic luminosity defined as Lkin = Le + LB +

Lp,cold varies from 4.64× 1044 erg s−1 to 3.71× 1046 erg s−1. Similarly, when
Np/Ne ' 0.01 and Np/Ne ' 0.5, Lkin varies from 2.72× 1044 erg s−1 to 3.66×
1046 erg s−1 and from 1.08 × 1045 erg s−1 to 3.93 × 1046 erg s−1, respectively.
The central black hole mass in CTA 102 is estimated to be 8.5× 108 MBH [268],
so the Eddington luminosity is ' 1.1 × 1047 erg s−1. Therefore, the kinetic
power of the jet estimated in various periods is lower than the Eddington
luminosity.

5.6 Conclusion

In this paper we studied the physical processes taking place in the jet of CTA
102 using the results from long-term (fourteen-year-long) multiwavelength
observations. We systematically studied the features of the source emission
in optical/UV, X-ray and γ-ray bands. Generating the γ-ray light curve with
the help of an adaptive binning method, the high-amplitude, multiple flaring
and complex variability of the source is investigated.

The broadband emission from CTA 102 was investigated by modeling 117
high-quality SEDs assembled during the considered period. This new com-
prehensive approach allowed to compare and contrast jet and emitting parti-
cle properties in different states of the source emission as well as follow the
dynamical changes of the physical processes governing in the jet. The one-
zone model, when the low energy emission is due to synchrotron radiation of
electrons while HE is due to inverse Compton scattering of both synchrotron
and BLR reprocessed photons, adequately explains the source emissions in
different periods, except the cases when the γ-ray spectrum is flat, extend-
ing to tens of GeV (2 out of 117 periods). It is found that during the flaring
periods the spectrum of the emitting electrons has a harder distribution and
they are effectively accelerated up to γcut = (1− 4)× 103 as opposed to the
other periods when the electrons have narrow energy distributions. By mod-
eling also the jet kinetic power was assessed showing that it always remained
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below the Eddington power.
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6 Time-dependent lepto-hadronic
modeling of the emission from
blazar jets with SOPRANO: the
case of TXS 0506+056, 3HSP
J095507.9+355101 and 3C 279

6.1 Introduction

The discovery of the first cosmic very high energy (VHE; > 100 GeV) neutri-
nos in 2013 by the IceCube experiment [128, 1, 2] has opened a new window
on VHE sources such as gamma-ray bursts (hereafter GRBs), active galac-
tic nuclei (AGNs) and tidal disruption events (TDEs). The lack of high con-
fidence association between these neutrino events and a particular type of
sources significantly complicated the interpretation of their origin. Poten-
tially, they are produced in the sources where ultra-high energy cosmic rays
(protons or nucleons with energy exceeding 1019 eV) are accelerated. If the
origin of these neutrinos remains an open question, the VHE neutrino event
IceCube 170922A [131] and its 3.5σ association with the (simultaneously) flar-
ing blazar TXS 0506+056 [133, 189] made clear that high energy (HE; > 100
MeV) protons, neutrons and even possibly nucleons have an important role
to play in the dynamics and the radiation of relativistic jets [31, 241, 24].

Blazars are a subclass of AGNs which have their jet aligned with or making
a small angle to the observer [257]. Blazars are among the most luminous and
energetic sources in the Universe. Based on optical emission lines blazars are
sub-grouped as flat spectrum radio quasars (FSRQs) and BL Lacs: the emis-
sion lines are strong and quasar-like in FSRQs and weak or absent in BL lacs
[257]. The emission from blazar jets, extending from radio to HE and VHE
γ-ray bands [188], is characterized by rapid and high amplitude variability,
especially in the HE and VHE γ-ray bands [e.g., 18, 13]. This variability
suggests that the emission originates from a compact relativistically moving
region. Since the γ-ray emission has been detected even from blazars at very
high redshift, z > 3.1, [e.g., 196, 12, 235], they are unique objects to study
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the evolution of jet power, morphology and emission processes in different
cosmic epochs.

The broadband spectral energy distribution (SED) of blazars typically ex-
hibit a double hump distribution, the first one peaking at optical/UV or X-
ray bands (low energy component) and the other one in the HE or VHE γ-ray
bands (HE component). The low energy component is usually explained by
synchrotron radiation of relativistic electrons in the jet magnetic field. The
origin of the HE component is still under debate, mostly between two main
scenarios. In leptonic scenarios, the HE component is due to inverse Comp-
ton scattering of low energy seed photons by the relativistic electrons in the
blazar jet [104, 162, 38]. The nature of the seed photons depends on the loca-
tion of the emission region and can be produced either inside or outside the
jet [e.g., 244]. In the alternative hadronic scenarios, synchrotron radiation
from protons, see e.g. (author?) [179], and secondaries generated in photo-
pion and photo-pair interactions produce the emission from the X-ray to the
HE γ-rays bands [160, 161, 180]. In addition, inelastic pp scattering could be
involved when the highly energetic protons of the jet interact with a dense
proton target, such as clouds in the broad line region or surrounding stars
(e.g. (author?) [82, 29, 20]).

Protons are unavoidably accelerated with the electrons in the jet, but a di-
rect test of their presence and energy cannot be done when only considering
electromagnetic data. Except for the cases when the leptonic models face se-
vere problems to account for the observed data, usually both leptonic and
hadronic models give equally good representation of the data [e.g., 43]. In-
direct test of proton content and a proof of the hadronic origin of the HE
and VHE emission can only be given by the observation of VHE neutrinos.
Indeed, when protons interact within the jet, the energy they lose is nearly
equally divided into electromagnetic and neutrinos components. The pro-
duced neutrinos escape the emitting region, carrying information about the
protons in the jet and their distribution function.

Multimessenger observations have long been considered the next major
breakthrough required for the study of extra-galactic objects. The recent as-
sociation of IceCube 170922A [131] with TXS 0506+056 provided the first ever
possibility to perform a direct multimessenger study of a blazar jet. In addi-
tion, an analysis of the IceCube archival data revealed a∼ 13 neutrinos excess
within a 110 day period, between September 2014 and March 2015, in the di-
rection of TXS 0506+056. Those two pieces of information together suggests
that TXS 0506+056 is indeed the source of those HE neutrinos. Moreover, a
second possible association between the muon track event IceCube 200107A
[129] and the blazar 3HSP J095507.9+355101 in a flaring state was reported
based on the small angular distance (0.62◦) between 3HSP J095507.9+355101
and the best-fit position of IceCube 200107A [115, 195]. These two associ-
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ations provide unprecedented data allowing to constrain the hadronic pro-
cesses in relativistic jets.

In order to exploit multiwavelength and multimessenger data-sets, several
groups have developed numerical models to estimate leptons, hadron and
photon distribution functions, either under the steady state approximation
[23, 44, 61, 271], or in a fully time dependent approach [169, 198, 32, 259,
88, 87, 98, 137, 135] and use them to model the broadband SED of blazars
and other relativistic transients. Time-dependent modeling of blazars, both
leptonic and hadronic is required to understand the time evolution of particle
distribution functions, for instance during a flare, see e.g. [45].

Time-dependent hadronic modeling is challenging as many different par-
ticles are involved. The time evolution of the initial particle populations, as
well as that of the secondaries, should be treated with a set of kinetic equa-
tions, where the energy is conserved in a self-consistent manner, i.e., the en-
ergy lost by a particle is exactly transferred to the energy of other particles.
In this paper, we present and use a new fully time-dependent hadronic code,
SOPRANO1, standing for Simulator of Processes in Relativistic AstroNom-
ical Objects, which takes into account all relevant processes (leptonic and
hadronic) and allows to compute the SED in any given period. The code
solves the time dependent isotropic kinetic equations and preserves the to-
tal energy of the system as well as the number of particles where needed.
The code structure is modular such that processes can be easily added (or re-
moved). SOPRANO is implicit so numerical stability is achieved at all time.
The code is designed in a such manner that by changing the initial condi-
tions, the lepto-hadronic processes can be investigated in blazar jets, GRBs
and other relativistic astrophysical sources where protons are hypothesized
to be efficiently accelerated.

The paper is organised as follow. Section 6.2 gives a short description of
our kinetic code SOPRANO. The kinetic processes included in our numeri-
cal code and their cross-sections are detailed in Appendix .1. The numerical
discretization in energy and in time is provided in Appendix .2. The analyt-
ical estimates of several key model parameters are provided in Section 6.3
whereas the code is applied to model the broadband SEDs of TXS 0506+056,
3HSP J095507.9+355101 and 3C 279 in Section 6.4. The discussion is in Sec-
tion 6.5, whereas the conclusion is summarized in Section 6.6. Throughout
the paper, we use the definition X = Xx × 10x where a quantity X is given in
cgs units. Moreover, the following cosmological constants are adopted: ΩM
= 0.3, ΩΛ = 0.7, and H0 = 70 km s−1 Mpc−1 [95].

1https://www.amsdc.am/soprano
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6.2 SOPRANO: Simulator Of Processes in

Relativistic AstroNomical Objects

Investigation of hadronic processes in galactic sources, such as supernovae
remnants and pulsar wind nebulae, as well as extra-galactic objects, such as
AGNs and GRBs, has always been an interesting but challenging task. Pri-
marily, it is related with the desire to identify the sources in which cosmic
rays and ultra-high energy cosmic rays are accelerated, and to understand
the processes responsible for the broadband emission. Such studies are es-
pecially timely after the recent IceCube observations of cosmic neutrinos and
their association with blazars. Indeed, for the first time, it is possible to con-
strain the emission process using a different window than that of electromag-
netic observations.

In order to interpret the observed data and constrain the models that can
explain the observed VHE neutrinos, it is necessary to perform self-consistent
simulations of the time evolution of the distribution functions of all interact-
ing particles: protons, neutrons, photons, electrons and positrons, as well
as of the secondaries produced in photohadronic interactions, such as pions,
muons and neutrinos. This is a challenging task since i) there is a large num-
ber of distribution functions (fourteen even though some are trivial), ii) all
equations describing the time evolution of particle distribution functions are
coupled in a non-trivial and non-linear way by many complex processes that
iii) have very different time scales, requiring an implicit time discretization.
The high number of distribution functions is necessary to compute the cool-
ing and emission of charged secondaries, pions and muons. This requirement
also prevents the use of semi-analytical expressions for the production rate of
neutrinos, as given in e.g. [143]

For blazars, the magnetic field is expected to be around or smaller than
1G for leptonic models [see e.g. 94, 106, 251, 100], while hadronic models
usually require the magnetic field to be larger, in the range of few tens to
few hundreds Gauss [220, 271], see however (author?) [148]. This magnetic
field is too low to observe a substantial modification of the neutrino spec-
trum [49]. However, synchrotron cooling of secondaries produces photons,
which form pairs, which in turn will radiate, effectively shifting the spectrum
to lower-energies for which strong constraints are given by X-ray observa-
tories. In fact, X-ray observations are believed to be the most constraining
ones for hadronic models of blazars. In particular, they strongly challenge
any models attempting to explain the neutrino emission of TSX 0506+056
[142, 60, 97, 263].

With the goal to model the multiwavelength and multimessenger SED of
relativistic sources (e.g., AGNs and GRBs), we have developed a numerical

68



6.2 SOPRANO: Simulator Of Processes in Relativistic AstroNomical Objects

code which computes the temporal evolution of particle distribution func-
tions by solving the relevant kinetic equations. This code, SOPRANO, relies
on two underlying assumptions : i) the space is homogeneous and ii) particle
distribution functions are isotropic. In its current version, SOPRANO uses
implicit time discretization to evolve the distribution functions of the follow-
ing particles:

1. photons,

2. electrons and positrons, considered as a single particle type,

3. protons,

4. neutrons,

5. charged (π+, π−) and neutral pions (π0) separately

6. muons

7. neutrinos and anti-neutrinos, all species separately.

The processes considered for the above listed particles are:

1. synchrotron emission and cooling of all charged particles (protons, elec-
trons and positrons, charged pions and muons),

2. inverse Compton scattering of photons by electrons and positrons,

3. Bethe-Heitler photo-pair production and corresponding proton cooling,

4. photo-pion production and corresponding cooling of protons and neu-
trons,

5. pion and muon decay,

6. neutrino production.

Detailed expression for the interactions kernel and all terms appearing in the
kinetic equations for all particle species are given in Appendix .1.

The energy discretization of the fourteen coupled partial differential equa-
tions is presented in Appendix .2. It follows from the prescription of finite
volume allowing us to conserve particle number to machine accuracy for all
processes which conserve particle number. For instance, for pion decay, there
are as many muons and neutrinos created as pions that decay. Our numer-
ical implementation ensures that ∂nπ/∂t = −∂nµ/∂t = −∂nν/∂t. Energy
conservation is also enforced by specific choices for the fluxes for diffusion-
like terms or redistribution of particles between adjacent energy cells. The
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difficulty in our numerical implementation is in the computation of the 3-
to 5-dimensional integrals which approximate the rates on each energy bin.
Each of those integrals are computed to a relative accuracy of 10−4 with lo-
cally adaptive Gauss-Kronrod method. They only need to be computed one
time for a given grid and since we do not change the energy grid, they remain
the same for all the results presented here.

The largely varying time-scale of the processes and the large energy span
of particle and photon grids require using an implicit scheme for the time
integration. The code uses a semi-implicit version of the backward Euler
method, that is to say that for the evaluation of photo-pion and photo-pair
collisional terms, the photon spectrum is assumed to be explicit, while the
proton and neutron distribution functions are solved for implicitly. This as-
sumption makes the kinetic equation for all hadrons linear by decoupling
their evolution from that of the photons and pairs. In practice, it means that
the rate of photo-pair and photo-pion interactions might be underestimated,
unless the time step is carefully chosen. We have studied how the time step
of the integration method should be chosen to minimise the impact on the
solution. Then, the kinetic equations describing the evolution of leptons are
solved fully implicitly. The product terms nphne and nphnph appearing in
Compton scattering and pair production make the problem non-linear and
the coupled kinetic equations are solved with the Newton-Raphson method.
We have checked that our code is able to properly account for particle cooling
as well as to reproduce semi-analytical examples. Those tests are presented
in Appendix .3.

6.3 Model Setup: Analytical estimation of model
parameters

The broadband spectrum of blazars extends from radio to the HE or VHE
γ-ray bands, covering a large 1020 Hz frequency range [e.g., 188]. The ob-
served nonthermal emission is produced in the jet and can be explained by
different models. The primary dichotomy is the split between leptonic and
hadronic models, depending on the type of particles (electron-positron pairs
or hadrons) initiating the emission. On the one hand, leptonic models are
solely based on the synchrotron emission of relativistic electrons at low en-
ergy, while the HE peak is explained either by synchrotron self-Compton,
hereinafter SSC, or by external Compton process. These models assume that
proton emission has a negligible contribution to the overall SED, and there-
fore lack the ability to produce a significant amount of VHE neutrinos (∼
1015eV) as detected by the IceCube observatory [128, 1]. In contrast, the so-
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called hadronic models assume that protons are also efficiently accelerated
in the jet and contribute to the multiwavelength spectrum either by the syn-
chrotron process, or by the radiation from the secondaries produced in photo-
pair and photo-pion interactions.

The modeling of the observed SEDs, be it leptonic, hadronic or lepto-hadronic,
is a regular approach and is a unique way to investigate the physical pro-
cesses taking place in jets. The particle spectra are defined by the acceleration
and cooling processes within the jet, which may vary from source to source.
In this work, we assume that particles are instantaneously accelerated and
injected in the emission zone where they radiate their energy. The particle in-
jection spectrum is usually assumed to be a simple power-law, a power-law
with an exponential cutoff or a broken power-law. Additionally, the emitting
region can contain broad external photon fields which interact with the rela-
tivistic particles in the jet. For instance, photons emitted by the dusty torus
or reflected by the broad line region play a crucial role in shaping the multi-
wavelength emission of FSRQs [e.g., order of minutes, 244, 242, 106]. More-
over an arbitrary distributed photon field can be considered as well, which is
necessary for complex scenarios such as the multi-zones or the spine-sheath
layer models [252]. SOPRANO is designed to work with arbitrary injection
particle spectrum as well as arbitrary external photon field, and proceed to
compute the evolution of particle spectrum. This makes SOPRANO an ideal
code to investigate the emission processes in different astrophysical environ-
ment.

Within the leptonic and hadronic interpretation of the blazar SEDs, it is
assumed that the emission is produced in a spherical blob of comoving size
R′ that moves towards the observer with a bulk Lorentz factor Γ ∼ δ, where
δ is the Doppler factor. Accelerated leptons and hadrons are injected in the
emitting region, which is uniformly filled with a magnetic field of strength B.
The magnetic jet luminosity is

LB = πcR′2δ2 B2

8π
, (6.3.1)

where c is the speed of light. We assume that protons are injected in the
comoving frame with a power-law spectrum:

Q′p(γp) = Q′0,pγ
−αp
p γp < γp,max. (6.3.2)

The normalization factor Q′0,p is linked to the proton luminosity as

Lp = πR′2δ2mpc3
∫

γpQ′p(γp)γp, (6.3.3)
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where mp is the proton mass. We assume that the injection electron spectrum
is given by a power-law with an exponential cut-off :

Q′e(γe) =

Q′0γ−αe
e exp

(
− γe

γe,cut

)
γe,min ≤ γe ≤ γe,max,

0 otherwise,
(6.3.4)

where γe,min is the minimum injection Lorentz factor. The electron luminosity
is then given by

Le = πR′2δ2mec3
∫

γe Q′e(γe) dγe, (6.3.5)

where me is the electron mass. In general γe,cut should be defined by the
equality of the acceleration and cooling time-scales. However, in order to
have a broad inference of the physical processes in the jet, γe,cut is consid-
ered a free parameter which will be constrained by the data. The distribution
functions of protons and electrons evolve via cooling and via interaction with
photons, producing different signatures in the broadband spectrum. Our aim
is to identify those signatures and use them to constrain the emission mecha-
nism within the framework of different scenarios.

In one dynamical time-scale, t′d ∼ R′/c, electrons and positrons cool to
Lorentz factor

γe,c =
6πmec2

B2R′σT
∼ 2.3× 103B−2R′−1

16 , (6.3.6)

where σT is the Thompson cross-section. The associated observed synchrotron
characteristic frequency is

νe,c =
48πδc3meq

B3R′2σ2
T
∼ 4.0× 1014δ1B−3R′−2

16 Hz, (6.3.7)

where q is the elementary charge. The frequency νe,c is usually associated to
the peak frequency of the low energy component in the SED. The injection
frequency corresponding to electrons with Lorentz factor γe,min is given by

νe,m =
4

3π

qBδγ2
e,min

mec
∼ 7.5× 1015B0δ1γ2

e,min,4 Hz. (6.3.8)

Another turnover in the synchrotron spectrum is at the self-absorption fre-
quency νSSA. Synchrotron self-absorption dominates at low frequency, specif-
ically in the radio band, and introduces a cut-off like modification around the
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frequency νSSA [ 182]:

ν′SSA ≈
1
3

(
eB′

m3
e c

)1/7 L′2/7
syn

R′4/7 (6.3.9)

where L′syn is the synchrotron energy distribution peak luminosity.

The interaction between the photons of the low energy hump and the elec-
trons and positrons producing this hump via synchrotron radiation can pro-
duce the second peak in the broadband spectrum (SSC). The peak frequency
of this component depends on the the cooling regime of the electrons and on
the peak frequency of the synchrotron component. It is given by

νIC =

{
2γ2

e,minνe,m νe,c < νe,m

2γ2
e,cνe,c νe,m < νe,c

∼
{

1.5× 1024Bδ1γ4
e,min,4 Hz, νe,c < νe,m

4.3× 1021δ1B−7R′416 Hz, νe,m < νe,c
(6.3.10)

for fast and slow cooling respectively. Similarly, the ratio of luminosities of
the synchrotron Ls and the inverse self-Compton LIC components can be ap-
proximated by

LSSC

Lsyn
∼


2
3

τγ2
e,c

(
γe,c

γe,min

)1−αe

νe,c > νe,m

2
3

τγe,cγe,min νe,c < νe,m

(6.3.11)

where τ = σTR
′
n′e is the opacity of the source for the Compton process and n′e

is the comoving electron density. It is computed assuming that the Thomson
regime is achieved for the peak, which might not always be the case.

For hadronic models (hereinafter HM), and more specifically for proton
synchrotron models, the HE component of the SED is dominated by the pro-
ton synchrotron radiation rather than by the inverse Compton scattering.
This model requires that a substantial number of protons are accelerated in
the jet to very large Lorentz factor2. In this case, the required magnetic field
is larger than in leptonic models, with B in the order of hundred Gauss. The

2In principle, the maximum proton energy γp could be estimated by assuming an acceler-
ation time of the form tacc ∼ γpmpc2/(ηcqB), where η ∼ 1 is the acceleration efficiency.
This time is then compared to the different cooling time scale to obtain an estimate of
γp,max.
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peak frequency of proton synchrotron emission is at:

ν
p
s = 4.1× 1024B2δ1γ2

p,max,9 Hz, (6.3.12)

where we did not consider cooling. In general, hadronic models necessitate
much more energetic jets since they require a large magnetic field, as well
as a significant amount of energy in relativistic protons. We further discuss
these constraints in Section 6.5. In addition to synchrotron loses, relativistic
protons of the jet also lose energy by photo-pion and Bethe-Heithler photo-
pair interactions with the photons.

For hybrid models, a subclass of hadronic models, the low and high energy
peaks are explained by leptonic processes and proton synchrotron emission
is required to be subdominant. The requirement on proton content is ob-
tained by maximizing the neutrino flux at PeV energies, which is constrained
by the radiation from the secondaries produced by the Bethe-Heithler and
photo-pion processes. Indeed, it has long been speculated that efficient neu-
trino production is associated with efficient Bethe-Heithler process, creating
a population of HE pairs, which can over-shine the tight constraints in the
X-ray band [e.g., order of minutes, 200].

In order to produce PeV neutrinos, protons should have a comoving energy
larger than E′p > 1015/δ1 eV. Assuming for simplicity that the Bethe-Heithler
process creates pairs with Lorentz factor γ± = γp/53, the pairs created by the
protons producing PeV neutrinos are in the fast cooling regime, see Equa-
tion (6.3.6). Therefore, the energy produced in the Bethe-Heitler process is
efficiently radiated by synchrotron radiation. For an electron or positron to
radiate in X-ray, its Lorentz factor should be

γ1keV
± =

√
3πνcme

4Bδqe
∼ 5.7× 103ν

1
2
1keV B−

1
2

2 δ
− 1

2
1 . (6.3.13)

which is smaller than the Lorentz factor of the pairs from the protons produc-
ing PeV neutrinos. Therefore, synchrotron radiation from the Bethe-Heitler
pairs contributes to the X-ray band. We now estimates the Bethe-Heitler pair
spectrum. The Bethe-Heithler pair yield is

∂n±
∂t

(γ±) = 2c
∫ ∞

0
dxnph(x)

∫ ∞

1
dγpNp

dσ±
dγ±

. (6.3.14)

where x = hν/(mec2) is the photon energy normalised to the electron rest

3This assumptions requires the inelasticity to be κe ∼ 10−4. [170] computed the inelasticity
and finds that it steadily decreases from 10−3 for increasing γpx, where x = hν/(mec2),
with h the Planck constant.
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mass. Under the head-on approximation and if the photon energy is small
enough to neglect proton recoil, the differential pair rate can be written as
[75]

dσ±
dγ±

∼ ασT

2xγ2
±

1
2x
≤ γ± ≤

γp

2
, (6.3.15)

where α is the fine structure constant. We further assume that the photon
spectrum is well approximated by nγ(ε) = nγ,0ε−αph , which is realistic since
the synchrotron emission from the electrons forming the low energy bump
can be well approximated by a succession of power-laws with indexes αph =
2/3, 3/2, (αe + 1)/2, where we neglected self-absorption and specialised to
the fast cooling scenario, usually appropriate for HM. We also further assume
that protons do not cool substantially such that their distribution function is
Np = Np,0γ

−αp
p for γp < γp,max, then the integral of Equation 6.3.14 yields

∂n±
∂t

(γ±) ' αcσT2αph+2−αp n0

αph

N0

αp − 1
γ

αph−αp−1
± (6.3.16)

Therefore, the pair injection spectrum will be formed of three smoothly con-
nected power-laws with indexes αph − αp − 1, where αph = 2/3, 3/2, (αe +
1)/2. Since these pairs are in the fast cooling regime, their distribution func-
tion is well approximated by smoothly connected power-laws with indexes
q = αph − αp − 2. From [224], the resulting photon flux is well approximated
by three smoothly connected power-laws Fν ∝ ν−q/2.

In proton synchrotron models, when the proton injection index is αp ∼ 2,
the specific spectral power νFν of the synchrotron emission from the Bethe-
Heithler pairs is nearly flat with indexes−2/3,−1/4,−(αe− 3)/4. The spec-
trum extends up to energies

ν±,max ∼
(

γ±
γp,max

)2 mp

me
ν

p
s ∼ 3.0× 1026B2δ1γ2

p,9 Hz. (6.3.17)

where we used Equation (6.3.12) for the synchrotron frequency associated to
the highest energy protons with Lorentz factor γp,max. Yet, because the pair
synchrotron emission peaks at such a large frequency, its contribution to the
X-ray is likely to be small and not constraining for proton synchrotron mod-
els. However, this is not the case for hybrid models when the peak frequency
for synchrotron radiation from the pairs will be

ν±,max ∼ 3.0× 1019B−1δ1γ2
p,7 Hz, (6.3.18)
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279
around the X-ray frequency, in agreements with the estimates from [200]. It is
clear that increasing the neutrino flux requires to increase the density of pro-
tons or of photons. This leads to an increase of the production rate of pairs,
and as a result, a larger synchrotron flux in the X-ray band, which becomes
critical for constraining this type of models [200, 97, 218].

6.4 Modeling of Blazar SEDs

The code SOPRANO, described in Section 6.2, is used to model the multi-
wavelength SEDs of TXS 0506+056, 3HSP J095507.9+355101 and 3C 279. Two
of these sources, TXS 0506+056 and 3HSP J095507.9+355101, coincide in space
and time with the IceCube 170922A and IceCube 200107A events, respec-
tively. The other source, 3C 279, shows a prominent flare in the γ-ray band.

It is assumed that protons and electrons are injected in the emitting re-
gion with energy distributions given by Equations (6.3.2) and (6.3.4), respec-
tively. We also assume that the injection power-law indexes are such that
αe = αp. Once injected in the emitting region, particles interact with the
magnetic field and with the photons, producing secondary particles, which
themselves interact, radiate and decay, shaping the broadband SED. The low
energy component is interpreted as the synchrotron emission of the primary
electrons while the HE component is formed by joint contributions of in-
verse Compton scattering of primary electrons and of synchrotron radiation
from the protons, as well as secondary particles from photo-hadronic inter-
actions. The system of kinetic equations is evolved for one dynamical time
scale t′dyn ∼ R′/c considering the magnetic field to be constant, and taking
into account all relevant processes for particles interactions.

6.4.1 Modeling of TXS 0506+056 SED

After the observations of neutrinos from the direction of TXS 0506+056 [131,
133], hadronic processes in its jet have been extensively studied. The mul-
tiwavelength emission and neutrino production were discussed for the pγ
[19, 141, 181, 59, 96, 221, 202] and pp [225, 154] interaction scenarios. The cur-
rent modeling consensus is that the applied one zone models predict, albeit
low, but still consistent results with the observation of one neutrino event in
2017. However, the neutrino flare in 20142015 cannot be explained when both
the neutrinos and the electromagnetic emission are produced from the same
region.

Panels a) and b) of Figure 6.1 show the SED of TXS 0506+056 when the neu-
trino event was observed. The multiwavelength data from (author?) [131]
are modeled within a HM scenario in panel a). The corresponding model
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Figure 6.1 The multiwavelength SED of TXS 0506+056 during the neutrino
emission in 2017 (upper panels) and during the neutrino flare in 2014-2015
(lower panels) modeled within the hadronic and lepto-hadronic hybrid sce-
narios. The solid blue line in all plots represents the sum of all components
which has been corrected for EBL absorption considering the model of (au-
thor?) [89].
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Table 6.1 Parameter sets used for modeling the SEDs of TXS 0506+056, ob-
served in 2017 and during the neutrino flare in 2014-2015. The electon, proton
and magnetic luminosities are also given.

TXS 0506+056
2017 2014-2015

Hadronic Lepto-hadronic Hadronic Lepto-hadronic
δ 20 20 15 10
R/1015 cm 2.5 10 1 100
B[G] 80 0.57 35 0.65
γe,min 100 1000 2× 102 9× 103

γe,cut 2.4× 103 4.5× 104 104 =γe,max
γe,max 3× 104 6× 104 8× 104 8× 104

αe 2.1 2.0 2.0 2.0
αp = αe 2.1 2.0 2.0 2.0
γp,min 1 1 1 1
γp,max 109 106 2× 108 1.2× 105

Le (erg s−1) 2.2× 1044 9.3× 1044 2.8× 1044 5.3× 1044

LB (erg s−1) 6.0× 1046 4.9× 1043 1045 1.6× 1045

Lp (erg s−1) 2.1× 1047 2.6× 1050 3.4× 1047 4.9× 1052

parameters are given in Table 6.1. The sum of all components, represented
by the blue line in the top left panel of Figure 6.1, satisfactorily explains the
observed data. The model over-predicts the radio data, but when taking the
synchrotron self-absorption into account via Equation (6.3.9), which is signif-
icant below the energies ≈ 10−3 eV ( ≈ 3× 1011 Hz) the model is in agree-
ment with the data. Under the guise of our modeling, the data up to the soft
X-ray band are produced by synchrotron emission of electrons, which are
in the fast-cooling regime. Indeed the magnetic field is required to be high,
B = 80G, to explain the HE peak with proton synchrotron emission, shown
by the red dashed line in panel a) of Figure 6.1, with a contribution of muon
synchrotron emission at HEs, represented by the gray dashed line. The con-
tribution of pion synchrotron emission is negligible and does not contribute
substantially to the flux observed by the MAGIC telescopes [19]. The emis-
sion in the transition region between the low and high energy components,
in the X-ray band, is dominated by proton synchrotron emission, with little
contribution from the cascade emission of the secondary pairs produced from
the absorption of VHE γ-rays and by the emission of pairs from the Bethe-
Heithler process.

The modeling parameters given in the first column of Table 6.1 are in the
range of similar estimations for blazars in general and for TXS 0506+056 in
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particular. A Doppler factor δ = 20 and a radius R′ = 2.5× 1015 cm were
used in our modeling. This is in agreement with the limits on the variability
time of 105s presented in [142] and in [190]. We note that when δ = 10 or 15,
the data can also be well reproduced by the model. The radius, which defines
the density of interacting particles and photons, is a crucial quantity in defin-
ing the type of model. The initial injection power-law index of the emitting
electrons is αe = 2.1, a value that can be formed by shock accelerations, e.g.
[35]. Due to the high magnetic field, B = 80 G, electrons are in the fast cooling
regime and their distribution function is a power-law with index αe + 1. The
initial electron distribution extends up to γcut = 2.4× 103 (∼ 1 GeV) which
is representative of the acceleration and cooling time scales. Instead, protons
cool less efficiently and they could be accelerated up to much higher energies,
i.e. γmax = 109 (9.4× 1017 eV), see the discussion in Section 6.5.

Previous modelings of TXS 0506+056 have shown that hybrid models can
be good alternatives to proton synchrotron or leptonic models [59, 97]. They
are found to be favourable from the point of view of neutrino observations.
The SED of TXS 0506+056, now modeled within the framework of a hybrid
lepto-hadronic scenario, is shown in panel b) of Figure 6.1. The model param-
eters are given in the second column of Table 6.1. The blue dashed lines rep-
resent the time evolution of the spectrum in selected numerical steps, which
builds and forms the overall SED, represented by the solid blue line after one
dynamical time scale.

The synchrotron component peaking between 1-10 eV is up-scattered by
the relativistic electrons to produce the HE and VHE component. The mag-
netic field in the emitting region is B = 0.57G significantly lower than for
the proton synchrotron modeling. Therefore, electrons with Lorentz factor
γe,min = 103 are not substantially cooled in one dynamical time scale. The
electron distribution function is a broken power-law with an exponential cut-
off, γ−αe

e and γ−αe+1
e exp[−γe/γe,cut], with a break at Lorentz factor γe,c =

7× 103, where we used Equation (6.3.6). In order for the neutrino spectrum
to peak around the energy of the observed neutrino (290 TeV), the comoving
proton distribution function should extend at least up to γp,max = 106δ−1

1 .
This Lorentz factor is lower than what is usually used in pure HM models.
For this hybrid model, protons do not directly contribute to the observed
SED. Their radiative signature is due to the emission of the secondaries of
photo-pion and photo-pair interactions. Their contribution dominate in the
X-ray band, which constrains the proton luminosity and as a consequence
the neutrino luminosity. For example, if one increases by 1.5 times thepro-
ton luminosity, the model would overshoot the X-ray data, as shown by the
dotted-dashed blue line in panel b) of Figure 6.1.

We now present our results of the SED modeling obtained during the his-
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torical neutrino flare of TXS 0506+056. Unfortunately, when 13 ± 5 neutri-
nos were observed between October 2014 and March 2015 [133], the mul-
tiwavelength coverage is scarce. Yet, the flux upper limit of F < 9.12 ×
10−12 erg cm−2 s−1 derived from Swift BAT observations [218] introduces sub-
stantial difficulties for a one-zone modeling. Indeed, the predicted number
of neutrino events cannot be matched to the IceCube observations. (author?)
[218] and (author?) [222] have shown that only few neutrino events could be
detected under different optimistic considerations for the emitting region and
for the target photon field (internal or external to the jet). Matching together
the observed multiwavelength data and the neutrino data seems to require
two zone models with more free parameters [218, 222].

To accommodate the X-ray limit and try to account for the neutrino flux
during this flare, two different assumptions on the proton distribution func-
tion are made. On the one hand, radiation from the secondaries can be con-
strained to be dominant in the MeV band, in which there are no observational
constraint. On the other hand, radiation from the secondaries could be dom-
inant in the GeV band and produce the second HE hump. The SEDs of these
two models are respectively shown in panels c) and d) of Figure 6.1, with
data from (author?) [222]. Those two models lead to two very different sets
of parameters for the emitting region, see column 3 and 4 of Table 6.1. The
first model requires a large radius R′ = 1017cm and a slowly moving jet with
Doppler factor δ = 10, while the second model necessitates those parameters
to be R′ = 1015cm and δ = 15. The required magnetic field also significantly
differs between these two models with B = 35G for the first model, to be com-
pared to B = 0.65G for the second one. The first model tends to reproduce the
neutrino flux, albeit produces the peak at lower energies. The second model
puts the neutrino peak at larger energy, but is not able to reproduce the ob-
served neutrino number. In both interpretations, it is clear that the upper
limit in the X-ray band imposes strong constraints on the photon spectrum,
which in turn limits the proton content in the jet. Considering larger proton
luminosity would lead to over-estimate both the observed γ-ray flux and the
X-ray upper limit.

6.4.2 Modeling of 3HSP J095507.9+355101 SED

The blazar 3HSP J095507.9+355101 is another interesting source to study within
a hadronic scenario. Indeed, it is a nearby blazar at redshift z = 0.55703 [193],
and it lies in the error region of the neutrino event IC 200107A [113]. The mul-
tiwavelength campaign, which started after the neutrino detection in January
2020, showed that 3HSP J095507.9+355101 was in a bright X-ray emission
state with a synchrotron peak frequency of 5× 1017 Hz [115]. This is a typical
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Table 6.2 Parameters used to model the multiwavelength SEDs of 3HSP
J095507.9+355101 and 3C 279. The electron, proton and magnetic luminos-
ity is also displayed.

3HSP J095507.9+355101 3C 279
January 8th January 10th

Hadronic Lepto-hadronic Hadronic Lepto-hadronic Hadronic
δ 15 30 15 30 55
R/1015 cm 0.3 10 0.3 10 0.32
B[G] 45 0.11 45 0.08 70
γe,min 104 100 5× 103 100 1
γe,cut 6× 105 2× 106 2× 105 7× 105 2.4× 102

γe,max 9× 105 6× 106 5× 105 6× 106 4× 102

αe 1.9 2.0 1.9 2 1.8
αp = αe 1.9 2.0 1.9 2 1.8
γp,min 1 1 1 1 1
γp,max 9× 108 106 9× 108 106 2.1× 108

Le (erg s−1) 1.2× 1044 1.6× 1044 7.3× 1043 2.1× 1044 1.9× 1044

LB (erg s−1) 1.5× 1044 4.1× 1042 1.5× 1044 2.2× 1042 5.7× 1045

Lp (erg s−1) 3.2× 1046 8.0× 1050 3.2× 1046 1.8× 1051 1.3× 1049

value for extreme peak blazars [74]. It is the first time that the jet of an ex-
treme blazar is associated with a neutrino event, straightening the assump-
tion that the jets of this blazar type are potential sites for cosmic rays and
even ultra-high energy cosmic ray acceleration [191]. The multimessenger
emission from 3HSP J095507.9+355101 was interpreted within various lep-
tonic and lepto-hadronic models by [203] and [195]. (author?) [203] showed
that a change of the X-ray flux above 1 keV does not significantly affect the
neutrino flux. The expected number of neutrinos during the 44-day period is
6× 10−4 with a low probability of ∼ 0.06 % to detect one or more neutrinos.
Alternatively, (author?) [195] investigated the effects of the external photon
fields to enhance the neutrino production.

The SED of 3HSP J095507.9+355101 is shown in Figure 6.2, where the mul-
tiwavelength data are from (author?) [115]. Optical, UV and X-ray data were
acquired on the 8th, 10th and 11th of January. However, since the data taken
on the 8th and 11th of January seem to have the same flux and spectral shape
[203], we only model the data from the 8th. The lack of available multiwave-
length data does not allow to constrain the low and high energy peaks, which
hardens the estimation of the model free parameters. A hint of a 20− 30 min-
utes variability has been found in the NICER and NuSTAR data, but only
at the ∼ 3.5 σ level [195]. Therefore, the compactness of the emitting region
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Figure 6.2 The multiwavelength SEDs of 3HSP J095507.9+355101 on the the
8th and the 11th of January (panels a) and b) on the top raw) and on the 10th

of January (panels c) and d) on the bottom raw). The data are taken from
(author?) [115, 203]. The observed spectrum including all processes is shown
by the solid blue line. All models (solid blue lines) have been corrected for
EBL absorption considering the model of (author?) [89].
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cannot be constrained. (author?) [203] investigated the blob radiusDoppler
factor relation for a wide range of photo-pion production efficiency and for
several set of parameters. In order to keep the generality, in the current study,
the SED of 3HSP J095507.9+355101 is modeled for two different parameter
configurations. For the HM, we consider R′ = 3× 1014 cm and δ = 15, while
for the lepto-hadronic model we assume R′ ' 1016 cm and δ = 30.

In our hadronic modeling, the HE component is mainly due to the syn-
chrotron emission of protons, shown by the red dashed line in panel a) of
Figure 6.2. Protons are assumed to have an energy distribution Np ∝ γ−1.9

p

and to be accelerated up to γp,max = 9 × 108, corresponding to 8.4 × 1017

eV. At VHEs, the largest contribution is due to muon synchrotron radiation,
represented by the gray dashed line in panel a) of Figure 6.2. The high syn-
chrotron peak at ∼ 104 eV can be reproduced when γe,cut = 6 × 105 and
B = 45 G. The minimal energy of the accelerated electrons is relatively high,
γe,min = 104, but still in the range of parameters usually estimated for ultra-
high-frequency-peaked blazars, see e.g. (author?) [62]. For the hybrid lepto-
hadronic modeling, shown in panel b) of Figure 6.2, the emitting electrons
should be accelerated up to γe,cut = 2× 106 so the SSC component extends to
the GeV band to explain the observed data. In this model, a lower magnetic
field of 0.11 G is required because of the larger radius of the emitting region
(R′ = 1016 cm). The emission of the secondary pairs from protons accelerated
up to γp,max = 106 dominates in the sub-MeV band.

The hadronic and hybrid modeling of the SED observed on the 10th of Jan-
uary 2020, is displayed in panel c) and d) of Figure 6.2, respectively. Since
the peak of the low energy component, defined by the X-ray data, is at lower
energies than for observations performed on the 8th of January, the model-
ing requires a three times smaller cutoff energy, i.e. γe,cut = 2 × 105 and
γe,cut = 7× 105 for the hadronic and lepto-hadronic modelings, respectively.
The other parameters are given in Table 6.2 and are similar with these ob-
tained from modeling the data observed on the 8th of January.

6.4.3 Modeling of 3C 279 SED during the 2015 flare

The emission from the powerful FSRQs 3C 279 at redshift z = 0.536 has been
detected in all possible spectral bands. Its broadband emission is charac-
terized by high amplitude variability almost in all energy bands [e.g., order
of minutes, 17] and in particular in the HE γ-ray band, which present the
fastest variability. On the 16th of June 2015, Fermi LAT observations showed
that 3C 279 was in an exceptionally bright state. The flux increased up to
3.6× 10−5 photon cm−2 s−1 with a flux doubling time on the order of 5 min-
utes [13]. IceCube performed a time-dependent neutrino signal search corre-
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Figure 6.3 The multiwavelength SED of 3C 279 during the exceptional flaring
activity in 2015. The contribution of different particle emission is shown by
dashed lines whereas the thick solid line represents the observed spectrum,
corrected for EBL absorption considering the model of (author?) [89].

lated with this γ-ray flare but no evidence for a signal was found [4]. We use
SOPRANO to model the SED of 3C 279 during its flare to infer the neutrino
flux. We consider a HM and explain the second peak with proton synchrotron
emission. The parameters of our modeling are given in Table 6.2.

Figure 6.3 shows the multiwavelength SED of 3C 279 taken from (author?)
[41], alongside with the results of our modeling. During the brightening,
the X-ray emission of the source appears with a hard photon index < 1.50,
smoothly connecting with the INTEGRAL data, described by a power-law
with index 1.08 [41]. In the HE γ-ray band, the spectrum presents a power-
law with photon index 2.21 with a turn over [194]. We make the hypothesis
that the HE component is produced from a single mechanism. In our mod-
eling it is interpreted as proton synchrotron emission, represented by the red
dashed lines in Figure 6.3. This interpretation requires that protons are ac-
celerated up to γp,max = 2.1 × 108, see Table 6.2. The compactness of the
emitting region implies a high efficiency for photo-pion and photo-pair in-
teractions, which inject energetic secondary pairs. The contribution of these
pairs dominates above ∼ 10 GeV and peak at ∼ 100 GeV, as can be seen by
the blue dashed line in Figure 6.3. The synchrotron radiation of the primary
electrons peaks at ∼ 0.1 eV and its HE tail accounts for the observed opti-
cal/UV data. These data constrain the cut-off energy to be relatively low,
γe,cut = 2.4× 102, otherwise, for B = 70 G and δ = 55, the synchrotron radi-
ation would overshoot the observed flux in optical and UV bands. A similar
hadronic modeling for this flare is presented in [41] and in [201].
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6.5 Discussion

The primary class of objects to be studied in the multimessenger context are
blazars which are associated with neutrino events observed by IceCube. Even
if the associations are not at the 5σ significance level, the observations by
IceCube put some constraints on the physical processes taking place in rela-
tivistic jets. Using the hadronic time-dependent model constrained by their
neutrino emission, the broadband SEDs of two blazars, namely TXS 0506+056
and 3HSP J095507.9+355101, respectively associated to the neutrino events IC
170922A and IC 200107A, are studied. We also analysed the SED of 3C 279
during its 2015 γ-ray flaring period. For each source, we present several mod-
elings assuming that different components dominate in the HE γ-ray band.
For the sources studied in this paper, we find that the proton synchrotron
model, the secondaries emission model and the hybrid lepto-hadronic model
can explain the observed SEDs under sensible assumptions for the particle
energy distributions.

Some of our modelings require a compact emitting region, with R′ . 1015cm.
In principle, the maximum energy of the particles, and specifically of the pro-
tons, is limited by requiring their Larmor radius, given by rp,L = γpmpc2/(qB),
to be smaller than the emission region. All our models are consistent with
this requirement, and therefore protons can be accelerated to the maximum
energy as given in Tables 6.1 and 6.2. The strongest constraints are obtained
for the hadronic model of 3HSP J095507.9+355101 for which the protons with
γp,max = 9× 108 have Larmor radius rL = 6.3× 1013cm, while the emitting
region has size R = 3× 1014cm. The maximum particle energy can also be
limited by synchrotron cooling. Specifically, [83] balanced acceleration time-
scales for shock and gyroresonant acceleration with cooling time scale via the
synchrotron process to find that the electrons can be accelerated up to

γmax
e ∼ 4× 107B−

1
2 . (6.5.1)

For all our modelings, we have γe,max < γmax
e . Only the lepto-hadronic mod-

eling of 3HSP J095507.9+355101 is marginally consistent with this limit. Such
constraints are highly dependent on the acceleration mechanism and vary for
alternative scenarios, such as particle acceleration by magnetic reconnection
or in shear layers.

The power-law index of the accelerated particles, assumed to be equal for
protons and electrons, is found to be in the range α = 1.8− 2.1, a value in
agreement with prediction of shock acceleration theories [e.g., order of min-
utes, 145, 249]. This index is defined by the acceleration processes, and we
note that protons and electrons could have different indexes. In fact, if par-
ticles are accelerated by shocks, the properties of their acceleration depend
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on the direction of the shock with the magnetic field: quasi-parallel shocks
accelerate both ions and electrons, while quasi-perpendicular shocks only ac-
celerate electrons [51, 52, 53, 197, 123]. It is worth noting that magnetic re-
connection could be the mechanism accelerating particles in blazar jets, see
e.g. (author?) [109], in which case it is also expected that the power-law of
accelerated electrons and protons be slightly different [e.g., order of minutes,
120]).

An important quantity allowing to compare and contrast the models is the
luminosity carried out by electrons, protons and the magnetic field. They
are respectively computed with Equations (6.3.1), (6.3.3) and (6.3.5) and are
given in Table 6.1 for TXS 0506+056 and Table 6.2 for 3HSP J095507.9+355101
and 3C 279. In all our models, the total luminosity of the jet is defined by the
proton content. This is expected since our models are designed to produce a
high neutrino flux. Specifically, in the case of TXS 0506+056, for the proton
synchrotron model, shown on panel a) of Figure 6.1, the required luminosity
for the jet is Ltot = Lp + Le + LB = 2.7 × 1047 erg s−1. The energy budget
in the emitting region is dominated by the particles (Lp + Le)/LB ' 3.5, yet
the system is closed to equipartition. For this model, the required luminos-
ity exceeds by one order of magnitude the Eddington luminosity of ' 4×
1046erg s−1 for a black hole mass of 3× 108 M�, as estimated for TXS 0506+056
using the absolute R-band magnitude [190]. This is in agreement with previ-
ous studies suggesting that in the case of proton synchrotron models or mod-
els producing a high neutrino flux, the required jet luminosity exceeds that
of the Eddington limit [264]. Within a lepto-hadronic model, matching the
neutrino flux with the neutrino event of TXS 0506+056, displayed on panel
b) of Figure 6.1, requires the jet luminosity to be ∼ 1050 erg s−1, significantly
exceeding that of the Eddington luminosity. Although the Eddington lumi-
nosity is not a strict limit and super-Eddington luminosities were previously
reported [134], this value is extremely large. On the other hand, for the neu-
trino flare in 2014-2015, when assuming that the emission from the secondary
pairs solely dominates in the X-ray and γ-ray bands, an unrealistically high
luminosity of ∼ 1052 erg s−1 is obtained. Indeed, matching the high neutrino
flux with the large radius (1017 cm) imposed by the modeling in this case,
requires a large protons density, hence the too large proton luminosity. In the
alternative interpretation, when the emission from the secondary pairs domi-
nates in the GeV band, a modest luminosity of 3.4× 1047 erg s−1 is estimated.

For 3HSP J095507.9+355101, the situation is identical to that of TXS 0506+056.
For the HM, a luminosity of 3.2× 1046 erg s−1 is estimated while the lepto-
hadronic modeling requires the jet luminosity to be ∼ 1051 erg s−1. The black
hole mass of 3HSP J095507.9+355101 was estimated, using two different meth-
ods, to be 3× 108 M� [193] or ∼ 8× 108 M� [195]. Therefore, the luminosity
estimated from the hadronic modeling is compatible with the Eddington lu-
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minosity (4− 10)× 1046 erg s−1. In principle, the proton contribution to the
overall jet luminosity can be decreased by assuming that protons have a softer
energy distribution, αp > 2.0, different than that of the electrons. However,
this introduces a new free parameter for the modeling, and the difference for
the proton luminosity would only be a factor of a few.

For 3C 279, the hadronic interpretation of the SED observed in 2015 is nat-
ural, considering the difficulties encountered by the leptonic models. Indeed,
when considering external inverse Compton scenario, the interpretation of
the observed large Compton dominance (∼ 70, the luminosity ratio of the
high- and low -energy components) requires a strongly matter dominated jet
[22]. In the alternative hadronic modeling, the data from the X-ray band to
the γ-ray band can be well reproduced by proton synchrotron emission, pro-
vided they are efficiently accelerated up to energy 2× 1017 eV with a power-
law index −1.8. The modeling requires a relatively high jet total luminosity
∼ 1049 erg s−1, which exceeds the Eddington luminosity (∼ 1047 erg s−1) for a
black hole mass of 8× 108 M� [185]. However, this required luminosity is not
a strong argument to disfavour the hadronic origin of 3C 279 emission during
the 2015 flare considering that the source was in an exceptionally bright state.

Having estimated the model parameters of each blazar SEDs, the corre-
sponding neutrino flux can be derived. The flux of muon neutrino, Fνµ(Eνµ),
in all considered scenarios is shown by the light blue line in Figures 6.1-6.3.
When available, the neutrino flux is compared with the limit imposed by
the IceCube detector. This flux can be transformed to the expected observed
number of neutrinos in the IceCube detector using its averaged effective area
Ae f f (Eµ), which is mostly a function of the incident neutrino energy. For
3HSP J095507.9+355101 and 3C 279, the average area from (author?) [3] was
cosidered, while for TXS 0506+056 we used the area released after the ob-
servation of IceCube-170922A 4. The effective area increases with energy and
reaches its maximal value for energies above several hundreds of PeV. The
expected number of muon neutrinos and anti-neutrinos is computed through

Nνµ+ν̄µ = texp

∫ Emax,νµ

Emin,νµ

Fνµ(Eνµ) Ae f f (Eνµ) dEνµ (6.5.2)

where the minimum and maximum energy of the neutrinos are Emin,νµ
= 100

GeV and Emax,νµ = 109 GeV, respectively, chosen to correspond the limits for
the effective area. The expected number of neutrino events depends on the
duration of the source activity, texp, over which the neutrinos are emitted. The
neutrino oscillation, within the quasi-two neutrino oscillation assumption, is

4https://icecube.wisc.edu/science/data-releases/
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taken into account by

Nobs
νµ

= 0.575Nνµ + 0.425Nνe , (6.5.3)

where Nobs
νµ

is the observable distribution of muon neutrinos, while, Nνµ and
Nνe are the emitted muon and electron neutrino distributions [93].

The expected number of neutrinos during the 6 months flare of TXS 0506+056
is 0.43 and 0.23 for the hadronic and the lepto-hadronic scenarios, respec-
tively. During the 2014-2015 neutrino flare, our most optimistic model predict
3.0-3.3 neutrinos for a 6 months exposure time (note however that the Ice-
Cube observational window was ∼ 110 days). However, this lepto-hadronic
modeling requires the jet luminosity to reach unrealistic values, 4.9× 1052 erg s−1,
significantly exceeding the Eddington limit. By slightly varying the model
parameters, a higher neutrino event count can be estimated, but it always re-
mains below the 13± 5 events mark. The neutrino flux directly depends on
the proton content in the jet, which is limited by the upper limit of the X-ray
luminosity. Our results are in agreement with previous estimations for TXS
0506+056 and confirm that within a one-zone scenarios, 13± 5 events from
the direction of TXS 0506+056 cannot be explained [218, 222].

In the case of 3HSP J095507.9+355101, the muon neutrino rate, Nνµ+ν̄µ /texp,
is within 6× 10−4 − 4.8× 10−3 per day. This implies that under this rate of
emission, the expected number of neutrinos to be detected by IceCube in a
time corresponding to the duration of the flare is very low. By exploring
different parameter sets, (author?) [203] concluded that in the most promising
scenarios, there is a ∼ 1% to ∼ 3% to observe one neutrino over the time
characteristic of the long-term emission of 3HSP J095507.9+355101 (years).
As the neutrino emission seems to coincide with extreme behaviour of 3HSP
J095507.9+355101 in the X-ray band, in principle, a large number of neutrinos
could be expected if such an activity continues for a longer period. However,
this is not the case for 3HSP J095507.9+355101. Similarly, when considering
the flaring activity of 3C 279, a neutrino daily rate as high as 0.15 per day is
estimated. However, for a relatively short period of the source activity, from
minutes to one day, no neutrino events in the IceCube detector are expected,
in agreement with [4].

6.6 Conclusion

Extensive multiwavelength data campaigns from radio to TeV energy bands
and simultaneous observations of VHE neutrinos by increasingly more pre-
cise experiments pave the way towards a better understanding of highly en-
ergetic sources, both in terms of emission mechanism and dynamics. The un-
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derstanding of the broad SED and neutrino emission requires detailed time-
dependent numerical models of the interactions between leptons, photons
and hadrons. We have presented a new kinetic model of photo-hadronic and
leptonic interactions aiming at studying the emission of optically thin (for
Compton scattering) scenarios of relativistic sources (e.g., AGNs and GRBs).
Our numerical solution of the kinetic equations for protons, neutrons, pions,
muons, neutrinos, pairs, and photons conserves the total energy of the system
as well as the number of particles where required. The code takes as an in-
put the spectral injection rate of the particles (e.g., electrons and/or protons),
and compute the time evolution of all relevant particles, including the secon-
daries, as they interact and cool, allowing the computation of the broadband
emission spectrum at any given period.

In this paper, we have applied SOPRANO to model the SEDs of three
blazars, two of which are potentially associated to neutrino emission ob-
served by IceCube. We have assumed different models for the production
of the HE component and compute in all cases the expected number of muon
neutrinos. The time-dependent nature of the code allowed to follow the evo-
lution of all particles in one dynamical time scale and then assess the proton
content in the jet by using the radiative spectrum of either secondaries or ini-
tial particles. This is necessary for the estimation of the expected number of
neutrinos. Such time-dependent treatment of the particle evolution enabled
us to constrain different scenarios of neutrino production by using the limits
imposed by the observations in different bands.
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.1 Physical processes in Soprano and their kinetic

equations

In the current version of SOPRANO, the isotropic kinetic equations for pho-
tons, electrons and positrons (considered as one species, see below), protons,
neutrons, charged and neutral pions, muons, neutrino and anti-neutrino of
all relevant5 flavors are evolved in time. For the photon distribution func-
tion, we assign nph to be the number of photons per unit volume per hertz.
We further define Ni to be the number of particles of i species per unit vol-
ume per unit Lorentz factor of particle i. Here, i can be all leptons and all
hadrons. Finally, we define Nνi as the number of neutrinos of i flavour per
unit volume per GeV. In our numerical approach, all hadrons and leptons
are considered relativistic with γi ≥ 1. This appendix gives an overview of
the kinetic equations, of the cross-sections and of the kinetic equations used
in SOPRANO for all considered interactions. In Appendix .2, we detail the
numerical prescription.

.1.1 Kinetic equations for all particles

Here, we summarize all terms appearing in the kinetic equations for all par-
ticle species. We denote Q, S and C as the source, sink and cooling terms,
respectively. The contribution of inverse Compton scattering is denoted by
RIC for the photons and it is a cooling term for the leptons. Detailed ex-
pressions for the interaction kernels are given in the next subsections of this
appendix.

• Photons are produced by the synchrotron radiation of all charged parti-
cles and by the decay of neutral pions, π0. They are absorbed by pair
production and redistributed in energy by inverse Compton scattering.
We neglect the absorption of photons in the photo-pion and photo-pair
processes. We did not consider synchrotron self-absorption and are
planning to include it in the next version. The resulting kinetic equa-
tion takes the form

∂nph

∂t
= −Sγγ→e+e− + Qπ0 + RIC + ∑

i∈[p,µ±,π±,e±]
Qi

synch, (.1.1.1)

where the last sum runs on all charged particles.

• Leptons (electrons and positrons) are considered as a single species. They
are created by muon decay, Bethe-Heitler photo-pair production and

5τ neutrino cannot be produced by photo-hadronic interactions.
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two photons recombination. They also undergo synchrotron cooling
such that the final kinetic equation reads as

∂Ne±

∂t
= Qµ± + Qpγ→e+e− + Qγγ→e+e− + CIC + Csynch. (.1.1.2)

• Protons are loosing energy by synchrotron emission, photo-pair and
photo-pion interactions. Protons are produced through photo-hadronic
interactions between photons and neutrons, and are turned to neutrons
for a substantial fraction of photo-pion interactions. The kinetic equa-
tion takes the form

∂Np

∂t
= Cpγ→pπ + Cpγ→e+e− + Csynch − Sγp→nπ + Qγn→pπ. (.1.1.3)

• Neutrons are produced in photo-pion interactions and turned to protons
by the same process. The kinetic equation takes the form

∂Nn

∂t
= −Snγ→pπ + Qpγ→nπ + Cnγ→nπ. (.1.1.4)

In the current version of the code, we do not include neutron decay.
Indeed, for the very large particle Lorentz factor involved, neutrons
would escape the source before decaying. In principle, neutrinos pro-
duced by neutron decay should contribute to the observed overall sig-
nal. But since we are considering models in which the neutron number
is always much smaller than the proton number, we can safely neglect
this contribution. Note that numerically investigating a model similar
to that of [24] would require a proper treatment of neutron decay.

• Charged pions, π+ and π−, are produced by photo-pion interactions.
Then, they cool via synchrotron emission and decay. The kinetic equa-
tion for both species takes the form

∂Nπ±

∂t
= Qpγ→π + Qnγ→π − Sπ + Csynch. (.1.1.5)

The kinetic equations were solved independently for π+ and π− since
the branching ratio in photo-pion production is different for negative
and positive pions. This impacts the production ratio between the dif-
ferent neutrino species further.

• Neutral pions have a kinetic equation similar to that of charged pions but
without synchrotron cooling.
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• Muons are produced from the decay of charged pions. They lose energy

by synchrotron radiation and decay. Therefore, the kinetic equation is

∂Nµ±

∂t
= Qπ± − Sµ± + Csynch. (.1.1.6)

• Muon and electron neutrinos and anti-neutrinos are produced in the decay
of pions and muons. We consider the two flavours independently, but
neutrino and anti-neutrinos of the same flavour are combined.

∂Nν

∂t
= Qπ± + Qµ± . (.1.1.7)

For each of the processes, the details of the terms Q, S, C and R are given in
the next subsections of Appendix .1 together with the cross-sections used in
SOPRANO.

.1.2 Synchrotron emission and cooling

In SOPRANO, all charged particles lose their energy by synchrotron radia-
tion as soon as a magnetic field is specified. Our current treatment does not
include synchotron self-absorption, which will be added in a future update.
For each charged particles, we describe the evolution of the distribution func-
tion due to synchrotron loses by a diffusion equation in energy space

∂Ni

∂t
=

1
mic2

∂

∂γi

(
Ni

∫ ∞

0
jsynch(ν, γi)dν

)
, (.1.2.1)

while the photon kinetic equation is given by an integro-differential type
equation:

∂nph

∂t
=
∫ ∞

1
Ni(γi)

jsynch

hν
(ν, γi)dγi. (.1.2.2)

The synchrotron emissivity jsynch is given in the relativistic approximation by

jsynch(ν) =

√
3q3B

mic2

∫ π/2

0
sin(θp)F(X)dθp (.1.2.3)

with X = ν/νc,

νc =
3

4π
γ2

i
qB
mic

sin(θp), (.1.2.4)

and
F(X) = X

∫ ∞

X
K5/3(ξ)dξ (.1.2.5)
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with K5/3 the modified Bessel function. This expression fails when the parti-
cle Lorentz factor tends towards one, in which case expression suitable with
cyclo-synchrotron should be used [158, 166]. Therefore, in our numerical
models, synchrotron emission due to mildly-relativistic particles is inaccu-
rate. In practice, this parameter space is not relevant for blazars or for opti-
cally thin emission models of GRBs.

.1.3 Inverse Compton scattering.

For the rate of Compton scattering of an electron with Lorentz factor γ inter-
acting with an isotropic distribution of photons of energy x1 = hν1/(mec2),
we consider the relativistic approximation given by [136]

R (γ, x1 → x2) ≡
dN

dtdx2
=

3c
4

σT

x1γ2

[
2q ln(q) + (1 + 2q)(1− q) +

1
2
(4x1γq)2

1 + 4x1γq
(1− q)

]
,

(.1.3.1)

where x2 = hν2/(mec2) is the energy of the scattered photons, and

q =
x2

4x1γ2
(

1− x2
γ

) , (.1.3.2)

is limited to q < 1 and q > 1/(4γ2). This approximation to the exact cross-
section is often used for blazar modeling. It it is accurate for large electron
Lorentz factors, relevant for those objects. This approximation also implies
that electrons can only lose energy and photons can only gain energy. There-
fore, it is not suitable to describe the heating of electrons by the photon field.

For the relativistic electrons considered in SOPRANO, the kinetic equation
takes the form of a diffusion equation

∂

∂t
(Ne±) =

1
mec2

∂

∂γe
(PcNe±) , (.1.3.3)

where the power radiated by Compton scattering is

Pc(γ) = mec2
∫

x1

∫
x2

dx1dx2R (γ, x1 → x2) nph(x1)(x2 − x1). (.1.3.4)

On the other hand, we preserve the full integro-differential expression for the
photon kinetic equations since for each inverse Compton scattering off rela-
tivistic electrons, photons gain a large amount of energy compared to their
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initial energy :

∂nph

∂t
(x2) =

∫
γ

∫
x1

dγdx1R(γ, x1 → x2)Ne±(γ)nph(x1)− nph(x2)
∫

γ

∫
x1

dγdx1R(γ, x2 → x1)Ne±(γ).

(.1.3.5)

The first term represent the redistribution of photons of energy x1 to x2 and
the second term represent the redistribution of photons of energy x2 to all
other possible energies.

.1.4 Pair production

For the pairs, the kinetic equation of the photon-photon annihilation process
reads

∂Ne

∂t
= c

∫
x1

∫
x2

nph(x1)nph(x2)σ2γ→e±(x1, x2 → γ)dx1dx2. (.1.4.1)

For the photons, the kinetic equation can be written

∂nph

∂t
(x1) = −nγ(x1)

∫
x2

nph(x2)σ
0
2γ→e±(x1, x2)dx2, (.1.4.2)

where
σ0

2γ→e± = 2
∫

γ
σ2γ→e±(x1, x2, γ)dγ. (.1.4.3)

For the cross-section, we use the formula given by [40]. It is recall here for
convenience

σ2γ→e±(x1, x2 → γ) =
3
4

σTc
x2

1x2
2

(√
E2 − 4α2

cm
4

+ H+ + H−

)∣∣∣∣∣
αU

cm

αL
cm

, (.1.4.4)

where the center of mass energy αcm is given by

αcm =

√
x1x2

2
, (.1.4.5)
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and 

E = x1 + x2

c± = (x1,2 − γ)2 − 1

d± = x2
1,2 + x1x2 ± γ(x2 − x1)

αa,b
cm =

√
1/2

√
γ(E− γ) + 1±

√
[γ(E− γ) + 1]2 − E2

αU
cm = min (

√
x1x2, αa

cm)

αL
cm = max

(
1, αb

cm

)
(.1.4.6)

Finally for c 6= 0, the H functions are defined by

H± =− αcm

8
√

x1x2 + c±α2
cm

(
d±

x1x2
+

2
c±

)
+

1
4

(
2− x1x2 − 1

c±

)
I± +

√
x1x2 + c±α2

cm
4

(
αcm

c±
+

1
αcmx1x2

)
,

(.1.4.7)

where

I± =


1√
c±

ln
(

αcm
√

c± +
√

x1x2 + c±α2
cm

)
c± > 0,

1√
c±

arcsin
(

αcm

√
− c±

x1x2

)
c± < 0,

(.1.4.8)

while for c± = 0, we have

H± =

(
α3

cm
12
− αcmd±

8

)
1

(x1x2)
3/2 +

(
α2

cm
6

+
αcm

2
+

1
4αcm

)
1√
x1x2

. (.1.4.9)

.1.5 Bethe-Heitler pair production

Photo-pair production, also called Bethe-Heitler process, is the creation of an
electron positron pair by the interaction between a proton and a photon. The
cross section of this process is given by the formula 3D-2000 of [177], see also
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[39] and [143], which we recall here for convenience:

d2σ

dE−dµ
=

(
αZ2r2

0 p−p+
2k3

)[
−4 sin2(θ)

2E2
− + 1

p2
−∆4
−

+
5E2
− − 2E+E− + 3

p2
−∆2
−

+
p2
− − k2

T2∆2
−

+
2E+

p2
−∆−

+
Y

p−p+

(
2E− sin2(θ)

3k + p2
−E+

∆4
−

+
2E2
−(E2

− + E2
+)− (7E2

− + 3E+E− + E2
+) + 1

∆2
−

+
k(E2
− − E−E+ − 1)

∆−

)
(.1.5.1)

− δ+
p+T

(
2

∆2
−
− 3k

∆−
− k(p2

− − k2)

T2∆−

)
− 2y+

∆−

]
,

where

E+ = k− E− p+ =
√

p2
+ − 1 p− =

√
E2
− − 1 (.1.5.2)

T =
√

k2 + p2
− − 2kp− cos(θ) Y =

2
p2
−

ln
(

E+E− + p+p− + 1
k

)
(.1.5.3)

y+ =
1

p+
ln
(

E+ + p+
E+ − p+

)
δ+ = ln

(
T + p+
T − p+

)
.

(.1.5.4)

The kinetic equation for the production of pairs is given by

∂

∂t
(Ne±(γe)) = c

∫
γpmp>γeme

dEpNp
dNe

dEe
. (.1.5.5)

The pair spectrum is given by [143]

dN−e
dEe

=
1

2γ3
p

∫ ∞

x=
(γp+Ee)2

4γ2
pEe

∫ 2γpx

ω=
(γp+Ee)2

2γpEe

×
∫ ω−1

E−=
γ2

p+E2
e

2γpEe

dE−dωdx
p−

nph(x)
x2 W(ω, E−, ξ),

(.1.5.6)

where ε is the photon energy in unit of electron rest mass energy. The kinetic
equation for the protons is obtained from consideration of energy conserva-
tion

∂Np(γp)

∂t
=

∂
(

PBH Np
)

∂γp
(.1.5.7)
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where the power emitted by Bethe-Heitler is given by

PBH =
∫

γemec2 dNe±

dt
(.1.5.8)

.1.6 Photo-hadronic interaction : pion production

Photo-pion production is the interaction between a proton and a photon mostly
producing pions. This interaction can be divided into four channels : reso-
nance, direct production, multi-production and fragmentation. In the follow-
ing, we neglect the contribution from fragmentation and plan its inclusion
for future studies. For the sake of presentation, in this subsection only, we
change the energy unit of the photon distribution from frequency ν to energy
ε in GeV. Following [127], the spectral production rate of each pion species
(π+, π− and π0) can be written as

dNπ

dt
= ∑

IT
MIT

∫
γp

∫
ε

dγpdεNpnphRIT(γp, ν→ γπ), (.1.6.1)

where the index IT spams all resonances, the two direct production channels,
and multi production channels. In this equation MIT is the multiplicity of
each interaction. This coefficient takes a different value for each interaction
and each pion species. Finally, the rate of interaction is given by [143]

RIT =
c

2γ2
pβpε2

∫ 2γpε

εth

dεrεr

∫
ψ

dψ
∂σpγ(εr, ψ)

∂ψ
δ(Eπ − ξ), (.1.6.2)

where the threshold energy εth is constrained by the kinematics of the reac-
tion, εr is the energy of the photon in the frame comoving with the proton,
ψ is the cosine of the comoving (in the proton rest-frame) angle between the
photon direction and the axis representing the direction of the proton in the
lab frame, the differential represent the angular distribution of the reaction
and ξ is the pion energy obtained from the kinematics. For a detailed discus-
sion, on the kinematics, see (author?) [31, 33] and (author?) [127].

Photo-pion production : resonances

For the cross-section of the nine resonances considered in this work, we con-
sider the Breit-Wigner approximation

σIT(εr) = BIT s
ε2

r

σIT
0
(
ΓIT)2 s(

s− (MIT)
2
)2

+ (ΓIT)
2 s

, (.1.6.3)
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where s = m2

p + 2mpεr is the total energy in the center of mass. The pa-
rameters σIT, BIT, ΓIT and MIT are given by (author?) [178, 127] and in the
review of Particle Data Group [276]. The nine resonances used are the ones of
(author?) [178]. Contrary to the simple model used by [127], we include the
angular dependence of the ∆ meson decay for R1 type resonances, as given
by table 3 of [178].

Photo-pion production : direct production

For the direct production, we use the parametric cross-sections given by [178]

σNπ(εr) = 92.7P(εr, 0.152, 0.25, 2) + 40 exp
(
− (εr − 0.29)2

0.002

)
− 15 exp

(
− (εr − 0.372)

0.002

)
,

(.1.6.4)

σ∆π(εr) = 37.7P(εr, 0.4, 0.6, 2), (.1.6.5)

where the function P is 0 if εr ≤ εth and

P(εr, εth, εmax, α) =

(
εr − εth

εmax − εth

)A−α ( εr

εmax

)−A
(.1.6.6)

otherwise. Here, A = αεmax/εth. We also include the angular dependence
coming from the distribution of the t-Mandelstam variable as explaned in
[178].

Photo-pion production : multi-pion production

For the multi-production channel, it is not possible to resort to simple inte-
gral expressions. Therefore, we use the approximation developed by [127].
It provides a simple and convenient form for the pion spectrum, while the
multiplicities are approximated from results of Sophia [178].

For completeness, we give here the expressions of the pion spectrum:

∂Nπ

∂Eπ
=

cmp

Eπ
∑
IT

Np

(
Eπ

ξ IT

) ∫ ∞

εth

dynγ

(
mpyξ IT

Eπ

)
MIT f IT(y), (.1.6.7)
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where

f IT =



0 2y < εIT
min

σIT

(4y2)
(4y2 − εIT

min
2
) εIT

min ≤ 2y < εIT
max

σIT

(4y2)
(εIT

max
2 − εIT

min
2
) εIT

max ≤ 2y.

(.1.6.8)

The parameters for the 14 interactions making the approximation are given
in Table 6 of [127].

.1.7 Particle decay

We consider the decay of charged pions{
π+ → µ+ + νµ,

π− → µ− + ν̄µ,
(.1.7.1)

of neutral pions

π0 → 2γ, (.1.7.2)

and of muons {
µ− → e− + νe + ν̄µ,

µ+ → e+ + ν̄e + νµ.
(.1.7.3)

The kinetic equation of the decaying particle is given by

∂Ni

∂t
= − Ni

τiγi
(.1.7.4)

where τi is the mean-life time of the particle which decays, and γi its Lorentz
factor. The kinetic equation for the daughter particle is given by

∂Nj

∂t
(
Ej
)
=
∫ ∞

Ei>Ej

Ni

τiγi
F(Ei, Ej)dEi, (.1.7.5)

where F(Ei, Ej) is the spectrum of particle j at energy Ej produced by a parent
particle of energy Ei.
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The neutrino spectrum from charged pion decay is given by [153]

F(Eπ, Eν) =
1

Eπ

1
1− rπ

H
(

1− rπ −
Eν

Eπ

)
, (.1.7.6)

where rπ = (mµ/mπ)2.

The photon spectrum obtained from neutral pion decay is given by

F(Eπ0 , Eγ) =
2

Eπ0
, (.1.7.7)

where the factor 2 comes from the fact that two photons are created in the
decay.

For the electron and neutrino spectra, we do not use the expression given
by [270], but resort to the simpler relativistic approximation of [153]

Fνe(Eνe , Eµ) =
2− 6x2 + 4x3

Eµ
, (.1.7.8)

Fνµ(Eνµ , Eµ) = Fe(Ee, Eµ) =
5
3 − 3x2 + 4

3 x3

Eµ
, (.1.7.9)

where x = Ei/Eµ for each particle species i.

.1.8 Photon and particle escape

When dealing with a one-zone model, since the emitting region is assumed
to be shaped like a blob, all effects due to photon transport are neglected.
Moreover, since we are considering optically thin plasma, photons cannot
accumulate in the emission region for an arbitrarily large amount of time.
Indeed, they would escape the region in which they are produced in a time
of the order of the crossing time

tesc
ph ∼

2R
3c

, (.1.8.1)

where R is the comoving size. In principle, charged particles could remain
longer inside the emitting region. Therefore, particle escape can be treated by
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adding a term to the kinetic equation of the form

∂Ni

∂t
=

Ni

Titesc
ph

(.1.8.2)

∂nph

∂t
=

nγ

tesc
ph

(.1.8.3)

where Ti = tesc
i /tesc

ph is a parameter that is specified for each runs. It represents
the time increase it takes for a particle to escape the system as compared to
a photon. In other words, particle escape is used to crudely represent the
finiteness of the emitting region. In this work, we did not consider particle
escape. Instead, we evolve the distributions until a comoving time equal to
the dynamical time scale.

.2 Numerical discretization and prescription in
SOPRANO

In order to numerically integrate the kinetic equations presented in Section
.1, a numerical grid for the energy of all particles is introduced. In this work,
SOPRANO uses a grid of bins equally space in logarithmic of the energy6.
Table .3 gives the grid characteristics for each types of particle, that is to say
the number of energy bins, together with the minimum and maximum ener-
gies. For the energy discretization, we use the approach of the discontinuous
Galerkin method, that we restrain to first order for this paper7. On each en-
ergy cell I, we approximate the distribution function by a polynomial, while
we use for basis the Legendre polynomial basis. Therefore, on each energy
cell I, the distribution function is approximated by

N I
i (t, x) = N I

i,0(t)LI
0(x) (.2.1)

6Note that our numerical method does not require a uniform grid. Since, it is based on finite
volume, we can refine the grid in one or several energy bands of interest (static mesh
refinement). In this way, we can provide more detailed results in those specific bands,
while the rest of the domain is coarse for faster numerical estimation. This numerical
technique will be used in future works, in which we will study the shape of the spectral
peaks.

7We have implemented some of the processes with reconstruction up to order 2, but this
numerical technique is not included in the current paper
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Particle Number of energy cells Minimum of the grid Maximum of the grid
Photons : 150 ν = 10−2Hz ν = 1030 Hz
Leptons : 130 γe± = 1.2 γe±5× 1013

Hadrons : 100 γh = 1.2 γh = 1011

Neutrinos : 100 Eν = 10−3 GeV Eν = 1011 Gev

Table .3 Characteristics of the numerical grids used by SOPRANO for the
numerical models of this work. The cells are equally space in logarithmic
scale.

where the first order Legendre polynomial on the energy cell I is

LI
0 =

1√
xI+ 1

2
− xI− 1

2

≡ 1√
||I||

(.2.2)

Here xI±(1/2) are the energy boundaries of cell I and where we introduced
the additional notation ||I|| = (xI+1/2− xI−1/2). In the following we will use
interchangeably N I

i ≡ N I
i,0.

We seek the weak formulation of all kinetic equations presented in Ap-
pendix .1 on each energy interval I. For this, we multiply both sides of any
of the kinetic equation by L0 and integrate over I. After simplification, we
obtain a system of differential equations for all N I

i,0. This specific discretiza-
tion and the structure of the kinetic equation allows us to retrieve a numer-
ical method which conserves energy and the number of particles when they
are conserved. Time discretization is achieved via implicit first order Euler
method. leptonic processes, which involved terms of the form ninj. Below,
we give details on the numerical discretisation on a couple of example and
give additional details for specific processes when needed.

For the sake of the example, consider the synchrotron process and its asso-
ciated kinetic equations. Without synchrotron self-absorption, the treatment
of synchrotron losses and photon production is heavily simplified. We start
by the photon given by Equation .1.2.1. Multiplying both side by LJ

0 and in-
tegrating gives

∂nI
ph

∂t
=

1
h
√
||J||∑K

NK
i√
||K||

∫
K

∫
I

jisynch(ν, γi)

ν
dνdγi, (.2.3)

where Ni represent any charged particle. We follow the same procedure for
the charge particle equation and after an integration by part, the kinetic equa-
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tion can be put into the form

∂NK
i

∂t
=
∫

K
LK

0
∂

∂γk

[
PsynchNK

i LK
0

]
dγi =

∫
∂LK

0
∂γi

[
PsynchNK

i LK
0

]
dγi −

1√
K

[
FK+ 1

2
− FK− 1

2

]
.

(.2.4)

In this last expression, only the second term is non-null. In order to obtain
an expression for the numerical fluxes FK+1/2 on the right-hand side, we con-
sider the energy lost by particles and that gain by the photons. The total
energy gain by the photons is

∂Eph

∂t
=

∂

∂t

(
∑

J

∫
J

nJ
phLJ

0hνdν

)
= ∑

J

νJ+ 1
2
− νJ− 1

2

2||J|| ∑
K

NK
i√
||K||

∫
K

∫
J

jsynch(ν, γi)

ν
dγidν,

(.2.5)

where the last equality is obtained after using Equation .2.3. Turning to the
energy lost by the charged particles, we have

∂Ei

∂t
= mic2 ∑

K

∂NK
i

∂t

γ2
i,K+ 1

1
− γ2

i,K− 1
1

2
√
||K||

. (.2.6)

Inserting the expression for the time derivative of the distribution function
coefficients, and reorganising the summation it comes

∂Ei

∂t
= mic2

− γ2
i, 1

2
− γ2

i,− 1
2

2(γi, 1
2
− γi,− 1

2
)

F− 1
2
+

γ2
i,ξ+ 1

2
− γ2

i,ξ− 1
2

2(γi,ξ+ 1
2
− γi,ξ− 1

2
)

Fξ+ 1
2
+ ∑

K

 γ2
i,K+ 1

2
− γ2

i,K− 1
2

(γi,K+ 1
2
− γi,K− 1

2
)
−

γ2
i,K+ 3

2
− γ2

i,K+ 1
2

(γi,K+ 3
2
− γi,K+ 1

2
)

 FK+ 1
2

2


(.2.7)

where in this specific equation ξ represent the number of cells of the grid for
particle species i. We assume that no particle diffuse out of the energy grid.
This gives Fξ = F− 1

2
= 0. Inverting the summation order in Equation .2.5,

and identifying the term gives the expression of the fluxes

FK+ 1
2
=

1
mic2

NK+1
i,0 /

√
γi,K+ 3

2
− γi,K+ 1

2[
γ2

i,K+ 1
2
−γ2

i,K− 1
2

γ
i,K+ 1

2
−γ

i,K− 1
2

]
−
[

γ2
i,K+3/2−γ2

i,K+ 1
2

γ
i,K+ 3

2
−γ

i,K+ 1
2

] ×∑
J

ν2
J+ 1

2
− ν2

J− 1
2

νJ+ 1
2
− νJ− 1

2

∫
J

∫
K+1

jsynch(ν, γi)

ν
dγidν.

(.2.8)

This choice of the flux preserves the total energy of the system, while the
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particle number conservation is ensured by the structure of Equation .2.4.
However, this choice of numerical discretization leads to numerical diffusion,
see .3.1, in which the current scheme is compared to the classical Chang and
Cooper scheme [63].

For the Compton scattering process, the weak formulation is trivially ob-
tained and does not require the use of integration by part, since the kinetic
equation does not take the form of a diffusion equation. For all other pro-
cesses, their respective kinetic equation takes either the same form as that
of synchrotron mechanism or of Compton scattering. Therefore, all energy
discretization can be easily obtained following the same procedure outlined
above. We note, that we use redistribution of particles in integro-differential
equation type to preserve simultaneously total particle number (when re-
quired by the process) and total energy.

Before discussing the temporal discretization, we note that the equation are
non-linear in the distribution function for Compton scattering, pair produc-
tion, photo-pion and photo-pair processes. We decided to linearize the kinetic
equations of photo-pion and photo-pair processes by assuming that the target
photon-field is equal to the one at the previous time step, effectively making
those process linear in the distribution functions. For all leptonic processes,
we preserve the non-linearity of the kinetic equations and solve at each time
step a non-linear system via the Newton-Raphson method. Since the gradi-
ents can be computed analytically, we do not need to use numerical estimates
for the Jacobian. The temporal evolution of the distribution function is per-
formed with the first order implicit Euler method.

One time step of the code takes the following form

1. solve the linear kinetic equation to obtain the protons and neutrons
spectra at time t + dt, assuming that the photon distribution function is
given at time t for photo-pion and photo-pair processes. The pairs and
photons created in those two processes and by the proton synchrotron
process are saved to be use as a source term in the leptonic computation.

2. compute the decay and cooling (when required) of pions and muons.
The pairs and photons created in the muon and pion decay, as well as
their synchrotron radiation are saved to be used as source terms in the
leptonic computation.

3. perform the non-linear implicit leptonic computation with the source
terms computed in the two previous steps.
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Figure .4 Comparison between the (author?) [63] scheme and SOPRANO
for Compton scattering and synchrotron radiation in two different regimes,
whose parameters are given in Table .4. Left − inverse Compton dominates.
Right − synchrotron cooling dominates. The plots show the time evolution
of the electron (top) and photon (bottom) distribution functions up to dy-
namical time scale, in the comoving frame. Electron number conservation
is satisfied to machine accuracy (10−16) while the energy is conserved to an
accuracy better than 10−11.

.3 Code tests and examples

.3.1 Synchrotron and inverse Compton cooling for electrons

In this section, we present two tests performed for the synchrotron and in-
verse Compton radiation processes. First, the results from SOPRANO are
compared to the results obtain with our implementation of the [63] scheme,
which is widely spread and used in time-dependent application, see e.g. (au-
thor?) [68, 98]. We consider a situation in which electrons are continuously in-
jected into the radiating zone in the form of a power-law between γmin = 103

and γmax = 9× 105. The properties of the radiating zone are such that for one
test, inverse Compton cooling dominates over synchrotron cooling, while for
the other test it is the opposite. The parameter are summarized in Table .4.

Figure .4 shows the results. It is clear that the agreement between the
Chang and Cooper scheme and SOPRANO is very good for both the elec-
tron and the photon distribution functions. We notice that SOPRANO is more
diffusive at low energy below the peak of the electron distribution function.
This is mostly because of the scheme used to preserve the total energy of the
system in SOPRANO, which induces extra diffusion. However, despite these
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IC dominance Syn dominance
R/1017 cm 1 1
B[G] 0.005 0.1
γe,min 103 103

γe,max 9× 105 9× 105

αe 2.7 2.7
Ue/UB 105 0.1

Table .4 Parameters used for our numerical comparison between SOPRANO
and the Chang and Cooper scheme [63]. The corresponding evolution of the
photon and electron distribution functions is given on Figure .4.

differences for the electron distribution function, the photon spectra are in
very good agreement.

.3.2 Proton cooling on black-body photons by photo-pair and
photo-pion interaction

We start by computing the proton cooling time in photo-pion production. [24]
presented a simple model for the cross-section and inelasticity for the photon-
pion interaction. The model is such that the product of the cross-section with
the inelasticity is constant for all energies larger than the threshold energy in
the center of mass frame. It gives a simple estimate of the cooling time for
a proton of Lorentz factor γp interacting with an isotropic photon field with
the spectrum of a black-body withe temperature θ. From [85], it reads

t−1
pγ (γp) =

8πcσKθ3

λ3
c

∫ ∞

ω
dy

y2 −ω2

exp(y)− 1
, (.3.1)

where λc is the Compton wavelength, σK ∼ 70µb and

ω =
εth

2γpθ
. (.3.2)

In Figure .5, we present the mean free path in Mpc as a function of proton
Lorentz factor for an hypothetical radiation field with temperature 104TCMB,
with the temperature of the cosmic microwave background TCMB = 2.725K.
To obtain this plot, we considered a δ-function in each of the proton energy
grid bins. We see that the agreement is quite good. We remark that the contri-
bution of the multi-production channel has a sharp increase at large Lorentz
factor. This is not physical and is a grid effect. Indeed, the proton cooling is
computed by summation over all created pions. Because both the pion and
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Figure .5 Right : Proton mean free path as a function of their Lorentz factor
for the photon-pion process. The photon temperature is T = 104TCMB. Blue :
mean free path computed by using Equation .3.1 for the lower boundary cen-
ter and upper boundary of an energy cell. The Lorentz factor is normalized
by γth = εth/(2kBθ) ∼ 3.2× 107. Right : Proton mean free path as a func-
tion of the Lorentz factor for the photo-pair process. Green - SOPRANO. Blue
with the approximation of (author?) [69]. For easy comparison, the proton
Lorentz factor is also normalized by γth.

proton energy grid have the same maximum Lorentz factor, protons at the
highest energies in our grid do not interact substantially, since they cannot
create pions of the correct energy.

We now turn to the photo-pair process. The energy loss rate for this process
can be written as

dE
dt

= α f r2
e cmec2

∫ ∞

2
dεnph

(
ε

2γp

)
φ(ε

ε2 . (.3.3)

[69] gives a convenient approximation for the differential cross-section φ(ε),
see their appendix. It is therefore easy to compute the energy loss pathlength
r = c[(dE/dt)/E]−1. A comparison between this semi-analytical approach
and our numerical discretization is given by the right part of Figure .5. We
see that the agreement is excellent.

.3.3 Decay time

We show in this subsection how particles decay in our code with the exam-
ples of pion decay. We inject pions with a specific Lorentz factor and simulate
the evolution of the system as they decay, producing neutrinos and muons.
The initial pions Lorentz factor are γπ = 107, 108, 109. In this section only,
we assume that muons cannot decay. Figure .6 shows the evolution of the
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Figure .6 Top - evolution of the pion, neutrino and muon numbers as a func-
tion of time for the pion decay process. The vertical lines correspond to the
decay time of the corresponding particle Lorentz factor. Obviously the decay
time is properly respected. Bottom - temporal evolution of the particle num-
ber conservation and energy conservation. The total energy conservation is
only shown for γpi = 109, but similar results are obtained for other particle
energy.

pion, neutrino and muon numbers as time evolve. The muon and neutrino
number is obtained by summing over their respective distribution function.
The same figure also shows the evolution of particle number and total energy
of the system, which can be seen to be satisfied to accuracy better than 10−13

after 4× 103 iterations.
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S. Mancina, I. C. Mariş, R. Maruyama, K. Mase, R. Maunu, F. Mc-
Nally, K. Meagher, M. Medici, A. Medina, M. Meier, S. Meighen-
Berger, G. Merino, T. Meures, J. Micallef, D. Mockler, G. Momenté,
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J. C. Dı́az-Vélez, H. Dujmovic, M. Dunkman, M. A. DuVernois,
E. Dvorak, T. Ehrhardt, P. Eller, R. Engel, J. Evans, P. A. Even-
son, S. Fahey, A. R. Fazely, S. Fiedlschuster, A. T. Fienberg, K. Fil-

112



Bibliography

imonov, C. Finley, L. Fischer, D. Fox, A. Franckowiak, E. Friedman,
A. Fritz, P. Fürst, T. K. Gaisser, J. Gallagher, E. Ganster, S. Garrappa,
L. Gerhardt, A. Ghadimi, C. Glaser, T. Glauch, T. Glüsenkamp,
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Siskind, F. Spada, G. Spandre, P. Spinelli, D. J. Suson, H. Taka-
hashi, J. B. Thayer, D. J. Thompson, L. Tibaldo, D. F. Torres, G. Tosti,
E. Troja, Y. Uchiyama, G. Vianello, K. S. Wood, M. Wood, S. Zimmer,
A. Berdyugin, R. H. D. Corbet, T. Hovatta, E. Lindfors, K. Nilsson,
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Porter, S. Rainò, R. Rando, M. Razzano, S. Razzaque, A. Reimer,
O. Reimer, S. Ritz, L. S. Rochester, R. W. Romani, M. Roth, D. A.
Sanchez, C. Sbarra, J. D. Scargle, T. L. Schalk, C. Sgrò, M. S. Shaw,
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R. W. Romani, C. Sgrò, D. Simone, E. J. Siskind, F. Spada, G. Span-
dre, P. Spinelli, C. S. Stalin, L. Stawarz, D. J. Suson, M. Takahashi,
K. Tanaka, J. B. Thayer, D. J. Thompson, D. F. Torres, E. Torresi,
G. Tosti, E. Troja, G. Vianello, and K. S. Wood.

Gamma-Ray Blazars within the First 2 Billion Years.
ApJL, 837(1):L5, March 2017.

[13] M. Ackermann, R. Anantua, K. Asano, L. Baldini, G. Barbiellini,
D. Bastieri, J. Becerra Gonzalez, R. Bellazzini, E. Bissaldi, R. D.
Blandford, E. D. Bloom, R. Bonino, E. Bottacini, P. Bruel, R. Buehler,
G. A. Caliandro, R. A. Cameron, M. Caragiulo, P. A. Caraveo,
E. Cavazzuti, C. Cecchi, C. C. Cheung, J. Chiang, G. Chiaro,
S. Ciprini, J. Cohen-Tanugi, F. Costanza, S. Cutini, F. D’Ammando,
F. de Palma, R. Desiante, S. W. Digel, N. Di Lalla, M. Di Mauro,
L. Di Venere, P. S. Drell, C. Favuzzi, S. J. Fegan, E. C. Ferrara,
Y. Fukazawa, S. Funk, P. Fusco, F. Gargano, D. Gasparrini, N. Gigli-
etto, F. Giordano, M. Giroletti, I. A. Grenier, L. Guillemot, S. Guiriec,
M. Hayashida, E. Hays, D. Horan, G. Jóhannesson, S. Kensei, D. Ko-
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H. Poon, G. Principe, S. Rainò, R. Rando, B. Rani, M. Razzano,
S. Razzaque, A. Reimer, O. Reimer, F. K. Schinzel, D. Serini, C. Sgrò,
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and M. Meyer.

Constraints on the emission region of ¡ASTROBJ¿3C 279¡/ASTROBJ¿
during strong flares in 2014 and 2015 through VHE γ-ray observa-
tions with H.E.S.S.

A&A, 627:A159, July 2019.

[125] Fiona A. Harrison, William W. Craig, Finn E. Christensen, Charles J.

139



Bibliography

Hailey, William W. Zhang, Steven E. Boggs, Daniel Stern, W. Rick
Cook, Karl Forster, Paolo Giommi, Brian W. Grefenstette, Yunjin
Kim, Takao Kitaguchi, Jason E. Koglin, Kristin K. Madsen, Peter H.
Mao, Hiromasa Miyasaka, Kaya Mori, Matteo Perri, Michael J. Pivo-
varoff, Simonetta Puccetti, Vikram R. Rana, Niels J. Westergaard, Ja-
son Willis, Andreas Zoglauer, Hongjun An, Matteo Bachetti, Nico-
las M. Barrière, Eric C. Bellm, Varun Bhalerao, Nicolai F. Brejnholt,
Felix Fuerst, Carl C. Liebe, Craig B. Markwardt, Melania Nynka, Ju-
lia K. Vogel, Dominic J. Walton, Daniel R. Wik, David M. Alexander,
Lynn R. Cominsky, Ann E. Hornschemeier, Allan Hornstrup, Vic-
toria M. Kaspi, Greg M. Madejski, Giorgio Matt, Silvano Molendi,
David M. Smith, John A. Tomsick, Marco Ajello, David R. Ballan-
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los Heros, D. Pieloth, E. Pinat, M. Plum, P. B. Price, G. T. Przy-
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P. Bangale, U. Barres de Almeida, J. A. Barrio, J. Becerra González,
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berg, E. Ruiz-Velasco, E. Ruiz-Velasco, F. Salesa Greus, A. San-
doval, M. Schneider, H. Schoorlemmer, G. Sinnis, A. J. Smith, R. W.
Springer, P. Surajbali, O. Tibolla, K. Tollefson, I. Torres, L. Vil-
laseñor, T. Weisgarber, F. Werner, T. Yapici, Y. Gaurang, A. Zepeda,
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ins, I. C. Rea, R. Reimann, B. Relethford, M. Relich, E. Resconi,
W. Rhode, M. Richman, S. Robertson, M. Rongen, C. Rott, T. Ruhe,
D. Ryckbosch, D. Rysewyk, I. Safa, N. Sahakyan, T. Sälzer, S. E.
Sanchez Herrera, A. Sandrock, J. Sandroos, M. Santander, S. Sarkar,
S. Sarkar, K. Satalecka, P. Schlunder, T. Schmidt, A. Schneider,
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bet Engels, D. Baack, A. Babić, B. Banerjee, P. Bangale, U. Barres de
Almeida, J. A. Barrio, J. Becerra González, W. Bednarek, E. Bernar-
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A. Lähteenmäki, E. G. Larionova, P. Leto, E. Lindfors, R. Ligustri,
A. P. Marscher, D. A. Morozova, M. G. Nikolashvili, K. Nilsson,
J. A. Ros, P. Roustazadeh, A. C. Sadun, A. Sillanpää, J. Sainio, L. O.
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